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Integrali i pacaktuar

1. Integralet tabelare

Duke zbatuar tabelén e integrale té zgjidhen integralet:

1. J.(xz +3x + 4)dx.

2. J-xx_43 dx

4. [Jx - dx.
5. j(l—%)ﬁdx.

6..‘16 X

4+\/_

7 J‘Sx -2
2x +1
Zgjidhja.

dx.

1. J.(xz +3x + 4)dx =Ix2dx+j3xdx+I4dx =x—33+3jxdx+4jdx

2
xS

=* 13X Laxrc
3 2

- I;de—Jx%dx = I%—Sji—fz Jx’de—ij’4dx
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Z+1

4. J-\/ x dx = J\/;dx J-\/idx jx3dx—x3 —%&Q’/x?JrC.

—+1
3

6. Ményra e pareé.
16—« £ -(Wr)y @V o,
j4+fd v=] 4+x de=] 4++x de =[x dv

3

—4Idx J.x2dx 4x -2 3 —4x——\/7+C

2

Ményra e dyté.

Kryjemé racionalizimin e eméruesit:

116 X IIG—x -4‘ﬁdx=j(16‘x)(4‘*/;)dx=j(4—&)dx
4++x 4+\x 4-x 16 —x

=4x—§\/x73+C.
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(4x Cx+1)(2x-1), 3
7'I x+1 J 2x+1 _I (2x +1) dx_zj(zx Ldx

=2(2_[xdx—jdx)=4x2—2—2x=2x2 -2x+C.

Detyra plotésuese

Té njehsohen integralet:

1. J'(x3—x+ 2) dx. 2. j&(x+1)dx. 3. jx{‘/?dx.
d d d
4. jx—ff 5. j% 6. jx—%
7. J.(x +1)°dx. S.J.(x2 +1)%dx. 9. jx?’(l —x?)dx.

Jx —2x+3

1
10. || x* +x x+x2-§/;+—]dx.
I[ Jx

12. jx4‘1dx. 13. dex
2 x3 *
9- \/
14. j f X. 15. Ifxﬂ

Té njehsohen integralet:

8. Iex (1+ xx ]dx
9. [ (" -2 ).

10. J.(e’C —x°)dx.

e™ +8
11. 5 0

12. f(zx —3%)dx.

13. j 2 .37 dx.
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14. j (3 +4%)%dx.

3x+1 _ 5x—1

Zgjidhja.
8. J.ex[1+ijdxzfexdx+_|‘%=e”+1n|x|+C.
x x

X

9. I(em —2F )dx = I(em -2%)dx = J.emdx - I 2%dx = IeZexdx - li 5

:ezj.exdx— 2 = e%e" — 2 = — 2 +C.
In2 In2 In2
xe+1
10. Y —x)dx = | e*dx — | x°dx = e* — +C.
I(e x°)dx je x jxx e i1
3 3 x Zx_ x
11. J- d _J-(e) + 2 :I(e +2)(e 2e" +4)
e +2 e’ +2 e +2
= Iezxdx —2Iexdx + 4de = j(e2)xdx —2e" +4x
2\x 2x 2x
:(e )2 —2e" +4x = € —2ex+4x=e —2¢* +4x +C.
Ine 2lne 2
12. j(zx—3x)dx:j2xdx—j3wx= z ¥,
In2 1In3
3)
13. [2°87dx = [2°(3")dx = | (gjxdp 3) Lc
3 2
ni
3
14. j(3x +4%)2dx = j(32x +2-34% +4%)dx = jgxdx +2j12xdx + j16xdx

-9 +2 12 +16 +C
In9 In12 Inl6

3 -5t 3-3-5".5 1Y) 1¢(1Y
15. Ide:dex:3J‘(gj dx—gj.(gj dx
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) )
3 o 113 _3 5 L 3 +C.

J’_
5 1 Inb5 5In5

In=

Detyra plotésuese

Té njehsohen integralet:

e,x x+l 1 x+2
16. Ie ( v jdx. 17. J.(e 2 —(Ej de.

18. I(eZ’C —x*)dx. 19. J‘hdx

20. j ?))7 dx. 21. j3x -57*dx.

22. j (2% +27%) dx. 23. j (3 —37)2dx.
2x -1 3x+1

24. I—dx. 25. j(e“e —x“")dx.

Te njehsohen integralet:

16. I dx.

x*+1

17. I dx.

1+ x?

.[(1+x) dx.
x(1+x?)

x+4
x

19. J.x +1

x*+x-2

21.f 4ex—L dx.
4 —4x*
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Zgjidhja.
16. Ményra e paré.

Pjesétojmé polinomit x*> me polinomin x* + 1. Merret:

x? 1 1
x® +1 x?+1
Pra,
x? 1 dx
de=1|1- dx =|dx - =x —arctanx +C.
Ix2+1 I x* +1 -[ J‘9c2+1

Ményra e dyté.
J- _J-x +1- 1 J' x +1 dx
x?+1 x?+1 x? +1 x2+1

:J(l— 1 jdx:x—arctanerC.

x*+1

xt-1+1 xt -1 1
dx:j 1+ x? dx:f1+x2 dx+j1+x2 dx

I @ ~D(x" +1) dx + arctan x = .[(JCZ —1)dx +arctan x

1+ x?

x3
=E—x+arctanx+C’.

dx

1+ x)? 1+2x+x” , ¢ 1+x° 2x
18. Ix(1+x) I x(1+x%) _Jx(1+x2) Ix(1+x2)

ﬂ+2_[ dx
x 1+x

19, [ 5 = [T [ 10 e = [ s o

> =In|x|+2arctanx + C.

=x +3arctanx + C.
20. Pas pjesétimit té polinomeve x® + x —2 me x* +1 merret:

P +x-2 2

x® +1 x* 41
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Kemi:
3 -2 2
J‘xa;frl dx:_[[x—szrlj
x 5 x
21. J.(éle —m]dx :4Ie

Detyra plotésuese

Té njehsohen integralet:

2

dx =%—2arctanx+C.

—5IL: 4e* —garcsinerC.

1
26.
-[x +1
2 3
28.j(1+x) X Y
x(1+x)
30.
J.x +1

21. J‘x +1
29, Ixxz—:gdx'
31. [| 3 L |k

Té njehsohen integralet:

22. J.(x —sinx + 2cos x) dx.

23. J- cos 2x dx
sin x-cos’x

dx

s1n X - COS x

25. Itan2 x dx.

24. |

26. Icos2 gdx.

217. J.\/l —sin 2x dx.
Zgjidhja.

22, j(x—sinx+200sx)dx =jxdx—_[sinxdx+2jcosxdx
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xZ
=———(-cosx)+2sinx+C

2

2
X .
="+cosx+2sinx+C.

23. Zbatojmé formulén
cos 2x = cos” x —sin” x.

Merret:

cos® x —sin® x
I dx

cos 2x
j dx = | —— 5
sin” x -cos” x

sin® x - cos® x
sin? x

— s—dx

sin® x - cos® x

:J- cos® x dx—j

sin® x - cos® x

dx dx
:I — —f S—=—cotx —tanx +C.
sin” x cos” x
dx sin? x + cos® x dx dx
24.[ =j-2 a dx:j 2+j-2
sin” x - cos” x cos” x sin” x

sin® x - cos® x
=tanx —cotx + C.

" )
1-cos” x dx
25. |tan®x dx = S x dx = dx = M dx
'[ Jcosz x -[ cos® x Icos2 . _[
=tanx —x +C.
1 2 1
26. Meqé cos® x = S reosex atéheré cos’ g _ 2 Feosx czosx .

D.m.th.

Icoszﬁdxzfmdx :ljdx+ljcosxdx :lx+lsinx+C.
2 2 2 2 2 2

27. jle—sian dx =I\/sin2x+coszx—2sinxcosx dx
=J.\/(sinx—cosx)2 =II sinx —cos x |dx

= I(Sin X —cosx)-sgn(sinx —cosx)dx

= (—cos x — sin x) sgn(sin x — cos x)
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=—(sin x + cos x) sgn(sin x — cos x)
= (sin x + cos x) sgn(cos x — sin x).
Detyra plotésuese

Té njehsohen integralet:

32. [ (5_2gnx+3cosxjdx. 33. [ ‘?0822" dx.

2 sin” 2x
34.] ' ;L dx. 35. Icothdx.

sin” 2x

2
36. Isin2£dx. 37.[ sinX ycosX | dx.
2 2 2
1-sin’x




