Il. TRANSFORMIMET E FUNKSIONEVE
TRIGONOMETRIKE

2.1 FUNKSIONET TRIGONOMETRIKE TE SHUMES DHE
NDRYSHIMIT TE DY KENDEVE

1. sin(a+B) =sino.-cosP +cosa. -Sin .
2. sin(a—pB) =sina - cosP —cosa. -Sinf .

3. cos(a.+ ) =cosa.-cosp—sina-sinf.

4. cos(o.— ) = cosa-cosP+sino-Sing.

Duke shfrytézuar formulat e shumés dhe ndryshimit té dy kéndeve njehsoni
vlerat e funksioneve trigonometrike té kéndeve:

1. a) 15°; b) 75°; c) 165°.
2. a) l; b) @; ) E
12 12 12

Njehsoni shprehjet:

3. sinl10" - cos20” +sin20° - cos10°.

4, cos102° - cos48’ —sin48’ -sin102° .
5. cos150" - cos5’ +sin150° -sin5°.

6. cos3a. - c0S20. —Sin3a-Sin 2o .

7. sindo - cos7o +Sin7a. - cos4o. .
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8. Thjeshtoni shprehjet:

n Y & S . T T .. T b
a) C0S—C0S—+SNn—sin—; b) sin—cos——-sin—cos— .
10 5 10 5 6 3 3 6

Vértetoni identitetet:
9. cos(60° + B) —cos(300° —B) =0.

10.  cos(30° + o) +cos(150° —a) = 0.

cosSB  sin5B
sn23 cos2p

11. =COS7P-sec2f3- cosec2p .

12. 1+tg(2x)-tgrx = sec2x.

13.  cos(3x +4y)-cos(2x +5y) +sin(3x + 4y)-sin(2x + 5y) = cos(x — ) .

14.  Njehsoni cos(a — ) nése sinazsinﬁzi, ku ae[O,EJ, Be(z,nj.
13 2 2
15. Nése o dhe B jané kénde té ngushté ashtu gé sinoczg dhe sinﬁzg

njehsoni cos(a +f3) .
7

16.  Njehsoni sin(c: +B) - Sin(a. — B) nése sinoczg, Snp=—_;

O<a<90°, 180 <pB<270°.

17.  Njehsoni:

a) sin(o +B) dhe sin(o. —B), nése cos<x=g, sinB:—g dhe

ae(ﬁ,an, Be(n,:s—nj;
2 2

b) cosla+P) , Nése sinazi, cos[3=§ dhe ae(i,n), 56(3—75’2“)?
COS(OL—B) 17 5 2 2



TRANSFORMIMET E FUNKSIONEVE TRIGONOMETRIKE 29

. T
sinl —+a
[4 j . 3 s
) ————< nésetgo=——,0€|—,m|.
T 4 2
cos§ ——a
4
18.  Njehsoni:

a) cos(a—%j, nése cosazédheoce(270° ,360°) ;
b) sin(%Jrocj,n@e tgo = 2—+/3 dhe ae(o,gj;
C) sin(our%j ,Nése sina.=m dheae[o,gj.
19.  Njehsoni:
a) tg(ourﬁ), nése sinoa:Edhe ae(i,nj;
4 13 2

2

b) ctg(a—p), nése tgazé, ctg[3=§.

20. Nése a+p =%, vértetoni se (1+ tgo)(L+ tgp) = 2.

21. Nése oc—BzE, cosﬁzﬂ dhe F<a<Z, njehsoni sina.
4 26 4 2

Theshtoni shprehjet:
99 sin(a.+pB)—sina - cosp 23 cos(a + fB) — cos(a. — B)

" sin(a—p)+sinp-cosa " cos(a+P)+cos(a—P)
oq ~ COSC- cosP — cos(a + B) 25 sin35° - cos20° —cos35° -sin 20°

" cos(o.—P)-sino-sinp " c0s46° -€0S29° —sin46° -sin29°
26, Veértetoni s tg(135 — ) = 991

tgo+1
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27. Njehsoni tg(x+ y) nése tgx = m gy = L .
1+m 1+2m
28. Néseaq, B jané kénde té ngushté dhe nése tga. :EA tgp =3 vértetoni se
T
vien a+p=—.
b 4
29. Nése tgon=2 dhetgp=2"2, q, Be(—ﬂ,ﬁj , atéheré
q q+p 22
0L+B=E ose a+B=—E.Vértetoni.
4 4
. : ) 3 4
30. Njehsoni tg(a+p) dhe tg(o—B) nése tga=7 dhe tgﬁz?
31. Nés tga=f2—+1, tgﬁzi, a, Be(o,zj,vértetoni se oc—B;tE.
J2-1 V2 2 4
32. Nésea>0, >0, a+p=60" dhe cosa =T(\/§+1) njehsoni cosp.

V értetoni identitetet:

33.

34.

35.*

36.*

37.*

(sinx+siny)? + (cosx +cosy)? = 2+ 2cos(x — ) .
Ctg2x + tgx = cOSec2x .

sin(a+B+7y) =sSino-CcosP-cosy + cosa.-SiNP - CoSy + CoSa. - COSP - Siny
—sina-sinf3-siny.

cos(o + P+ y) = cosa - COSP - coSy —Sina.-SiNP-cosy —sina. - cosP - siny
—cosa.-Sinf-siny .

tgo + tgp + tgy — tgo - tgP - tgy
1—tgo - tgp — tgP - tgy — tgy - tgor

tg(a+B+y) =

Vértetoni serelacionet vijuese nuk varen ngax:
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38. cos(a+x)-cos(a—x)—sin(a+x)-sin(a — x) .

39. cos’x—2sino-cosx-Sin(o +x)+sin®(a+x) .

40. Nése 2tgx = 3tgy vértetoni se tgy = tg(x — y)(2+ 3tg®y).
Vértetoni identitetet:

41. sin25 -c0s35° +c0s25° -sin35° =§.

42.  tg3a —tg2o — tga = tg3a - tg20. - tgo

43.  cosx+cos(120" + x) + cos(240° + x) +Sinx =Sinx .

44 sin(o+f) _ tga+1tgp
" cos(a—P) 1+tga-tgp

2sin(a+p) _ sin(a+p)
cos(a. +B) + cos(a—B)  cosa.-cosP

45.  tgo+tgp =

coso. —Sina o
6. _,zctg(_mj.
Ccoso.+Sna 4

47.  tg(a+B)—tga —tgp = tgo - tgor - tg(ou + B) .

48.  cos(a+P) =%-cos(a—[3) =sina-sinfB(ctga - ctgf 1) .

49.* Vértetoni se tgo + tgp + tgy =tga. - tgB - tgy nése a+B+y=m.

50.* Vértetoni se a+ P +y=m, nésea, B, dhey jané kénde té ngushté dhe

ctga - ctgp + ctga - ctgy + ctgp - ctgy =1.

51.* Nése pé& kéndet o, B dhe y té trekéndéshit vlen barazimi
sin® o +sin®B+sin’y = 2, vértetoni se trekéndéshi éshté kénddrejté.
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. 1 2 1 T
52.* Vértetoni se nése tga=—, tgB==, tgy==, kuq, B, 0,—1,
go. e B 5 gy 3 a, B YG( 2}

atéherévlen a+B+y=%.

53.* Vértetoni senése SiNx +Siny =a dhe cOSx +CoOSy =b atéheré
a’+b*-2

cos(x - y) = >

54.* Tregoni se éshtéi vérteté implikacioni

tg(x—y) N sin’z

——=1=tg°z=tgr-tgy.
tope sin’x

55.% Vértetoni identitetin

\/E-cosa—z-co{ZHx)
ZSin(Z+aj—\/§Sinoc

=tgo .

56.* Tregoni se éshtéi vérteté implikacioni
A-sina+B) =sina = tg(o+p) =—>mP
cosp— A4

sinf

57.* Tregoni se nése pé o,p vlen ———
eg per o, B Sn(2a+p)

= (mp|n]) atéheré
m

1+@

tgo  1-tga-tgP
m+n m-—n .
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2.2 FUNKSIONET TRIGONOMETRIKE TE KENDIT TE
DYFISHTE

1. sin2a.=2sina-cosa .
2. c0s20. =Ccos* o —sina. .

3. tg20 = 29%_
1-tga

, a¢%(2k+1), ai%(2n+1), kuneZz.

ctga—1 kn

4. ctg20. = ,o0%x—, keZ.
2ctga 2

Vértetoni se:
1. &) 2cos’o—cos2o=1; b) cos’ 20— 4sin® o.- cos’ o = cos4a;

) 2sin®o.+cos2a. =1.

2. @ sn3a=3-sna-4-sina; b) cos3a. = 4cos® o —3cosa ;

3tgo—tg’a ax LT kez:
1 2’ 1

C) tg3a =
) 10 1-3tg’a 3

_ 3

d) Ctg3azw, oc;tﬁ, keZ.
3ctga -1 3

4tgo. — 4tg°a

_ctg'a—6etg’o +1
1-6tg°a +tg*a '

b) ctgda =
) clgdo 4ctg®o — Actga

3. a) tgda =

4. Nése tg2x =1, njehsoni tg(5—2+xj—tg(5—2—x).
5. Té njehsohen sin2a, cos2a., tg2a dhe ctg2o. nése:
a) sina. =—0,6 dhe n<a<37”; b) sino = g dhe = <a<x;

C) c03a=£dhe3—n<oc<2n.
5 2

6. Njehsoni tg2x, nése sinx =" pér m#-n dhe (m—n) = +2mn .
m+n
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7. Nésetgoc:\/§+2 kuae(o,gJ , Njehsoni sin2a.

. l+sin*a+cos’a ) . . 8
8. Neése ——— =7 vértetoni se sin®2o =—.
sin“-cos 9

9.  Vértetoni se sinl5° -cosl5 —4sin?a - cos? o = cos® 2a. —% .

10.* Thjeshtoni shprehjen 4 = cos%-cos‘l—;-cosS—;.

11.* Krahasoni:

a) tg2a dhe 2tga, nése (O <a< %) ;
b) sin2a. dhe 2sino., nése [0< o <g) .

V értetoni identitetet:

12. 23in2a+m+C0520c= ——.
1-cos2a. sn“a
- 2 -
13. ﬂzzctgza_ 14. qn40c =cos’a—sin®a.
Sino. - cosa 2sin2a

15. cos*a+sin*a=1-0.5-sin?2a .
16. cosa+sin®a=1-0.75-sin?2a .

coso sina
17. : — - =sec2o. .
coso. —Sina  coso+Sina

cosp . sinB
cosp—sinf cosp+sinf

18.

=1+1923 .

19, cos2o.  1+sinZa

—sino+coso.  Sina,+coso.




TRANSFORMIMET E FUNKSIONEVE TRIGONOMETRIKE 35
— — { — 2
20, 1ttor_l-sinzy 21, 199 os2e.
1+tgy  cos2y 1+tg“0
99 1+an20¢+00520¢ ~ ciga. 23 snB+sin2p ~tgp.
1+sin2o - cos2o 1+ cosf + cos23
sin2a-sina 1-cos2a +sin2a
24, =tgo = : .
1-cosa — cos2a 1+ cos2a +Sin2a
25, 2—S|I‘.140L-t92a _ ctg2o
Sinda
26 (1-sin? 2a))((1- tga)* + 4tg°a) B 1
© (1+sin?20)((1+tg%a)? - 4tg’a) 1+sin?2a
1 .
27.* Nése tgo=tgo=—,9Nf=—— 0<oc<— dhe 0<p<X atéheré
go=1g F p \/— p 5
o+ 2B =%. Vértetoni.
28.* Vértetoni se nése sinazi, sinB=i dhe O<a <X, O<B<E,
V5 V10 2 2
atéheréa+B=%
. : . 4
29. Njehsoni tg3a nése tgo = 3
. 5 T y
30. Nése cosa =—dhe O0< o <—, njehsoni:
13 2
a) sin2a; b) cos2a ; C) tg2a.; d) ctg2a..
Duke u nisur ngafakti se sin2-18" = cos3-18", njehsoni:
31. a) sinlg’; b) cosl8’; C) tgl8’; d) ctgl8".

32. @) sin36°; b) cos36°; C) tg36°; d) ctg36°.
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Vértetoni identitetet:

33.* cosa - cos2a - cosda - cos8o. = sm.16a .
6sino
T 271 4n 8n 167 P2 1
34* cosS— -COS— - COS— - COS— - COS—— - COS—— = —,
65 65 65 65 65 64
35.*

tg®36° -tg’72" =5.

36.*  tgx- tg[g — x] . tg(% + xJ =tg3x.
. (7 (7 1.
37.* smx'sm[——x].sm[—+xj:—sm3x.

3 3 4

38.* cosx-co z—x - CO E+x =lcos3x.
3 3 4

39.*

sin20° -sin40" -sin60° - sin80° =i.

co0s10’ - cos30° - cos50° - cos70° = 3 .

41 tg6” -1g54° - tg66"

tg45° .
tgl8° J

2.3 FUNKSIONET TRIGONOMETRIKE TE
GJYSMEKENDIT

a 1+ cosa
2. |cos— |=

.o 1-cosa
1 |sn=

o 1-cosa
. 3. |tg— yPEra-n(2k+1) keZ.
2 2 119 By T oosq ' P @ # (2 + 1) ke

. . 4 |ctgg|= 1+ cosa

, PEra+2kn, keZ.
2 1-cosa

1.

Té vértetohen formulat e méposhtme:

a) singzi 1-cosa ; b) cosgzir 1+ cosa .
2 V 2 2

2
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2. Té njehsohen vlerat e funksioneve trigonometrike pér kéndet:
a)oczﬂ; b)oczl; C)()L:l; d)oczi.
8 12 16 24

3. Njehsoni sing, cosg, dhe tgg,néﬁe:
2 2 2

a) cosaz—l, ae| Znl; b) sinaz—E, oe E,Zn .
25 2 17 2

4, Nése o éshté kénd i hgushté dhe cosa =g, njehsoni sin% .cos>.

2
Vértetoni se;
2tgg
5. a) sinaz—za, pér o n(2k +1), ke Z;
1+tg°—
95
1-tg* %
b) coso=——2, pér o £ n(2k+1), keZ;
14192 2
2
2tgg T
Q) tgo=— 2 pér o= n(2k+1) dheo = L (2n+1), k,neZ;
1-tg* 2 2
2
1-tg* ¢
d) Ctgoczf“z, pér a#km, keZ.
2tg >
9
6. a) tggzl_sic%,ocikn,kez;
o
b) tg = % (2% +), keZ.

2 1+cosa
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Thjeshtoni shprehjet:

Sna . b 1-cos2a . c 1-cosa

7. a. y . ’ .
) 1-cosa sin2o 1+ cosa

8. a) 1-cos’ E—ﬂj; b) 2cos’ E-ﬁ-ﬁ)—l.
4 3 4 2

10. 4singcosg Ccos”——sin“— |.
2 2 2

11. Nése f(tg%jzcom njehsoni f(cosa) .

12.  Njehsoni tgg nése cosZoczl dhe a e —n,—3—n .
2 32 4

13.  Njehsoni sin% nése sjna=% dhe o e (450°,540°).

14.  Njehsoni: sinkg, coskg, tgkg nése:
2 2 2
a) cosa =08 dhe a e [Og) ;

b) tgo = %, o e (180°,270°) ku k e{1,2,3,4} .

15. Nése tg%+ ctg% =m njehsoni:

a) tg? L 4 ctg? L b) tg® L +ctg® L ) tg2 —ctg .
)92 9" )@12 95 )92 95
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16. Nése tg%Za tregoni se

snx=—— =
1+a 1+a 1-a

17+ Nése n>1 x &hté kénd i ngushté i tille g G<x<gJ dhe

2 _ 2
cosx =——, Vértetoni se sinf-cosa‘f:lw. Cfaré do té
1+n 2 2 4 (n"+))
merret sikur (O<x<gj?
18.* Nése Sinx—COszmdhe|m|S\/§,m¢—l, njehsoni tg%.
19. Nése sina + cosa = m, njehsoni vlierén eshprehjes“%szoil.
ctg——-tg—
g2 g2
o 1-25n? % 1y
20. Nése tg— = x, vértetoni se - 2 _ .
2 1+sina 1+x
Njehsoni:
- " .. PR O A |
21. \/1+S|noc +\/1—S|n0c, nése a =Sln5, §<OL<TC.
22.  J1+coso ++/1-cosa, nése a2=cos%, g<a<n.
23.  Njehsoni 16-sing-sin% nése cosazg, 0<% T
2 2 4 2 2
Thjeshtoni shprehjet:
24. @) 1JrCOS(X-tQZg—coszoc; b) 1JrCOSOL-ctgg—sinzoa.
1-cosa 2 1-cosa 2
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25. @) 1_S!na—t92 2 b) 1+tg?] Z-2|.
1+sna 4 2 4 2
Vértetoni identitetet:
(04 (00
tg— + ctg— L ,
26, —2 "2 _geqy. 27. g5 —a)? = (SNO-C0SA)
o o (sino+cosa)
ctg——-tg—
2 2
28, %:gna. 29, tg%:ls‘““ .
+ cosa
ctg—+tg—
g 2 g 2
30.% \/cosx + Ctgx +4/ctgr — cosx = 2003% ctgr, 0< x < g
31.* log(cos® (o + B) + cos? (o — B) — cos2a. - cos2B) = 0.
Vértetoni se:
. . L o B Yoo _
32.* gna+snp +sny —4cosE-cos§-cosE, nésea+p+vy=m.
33.* cosa +cosp+cosy =1+ 4sin%-sin%-sin%, nésea +p+y=m.
L. a C .. i
34.* Nése cosa = , COSf} = , COSY = , atéheré
b+c a+c a+b
102 L tg? P tg? Y 21
g g 5 g 5
35* Tregoni seshprehja /4cos* x — 600s2x + 3+ /4sin x + 6c0s2x + 3,
nuk varet ngax-i.
36.* Vértetoni se nése sinx dhe cosx jané numraraciona atéheré dhe vetém

atéheré nése tg% éshté numér racional ose nuk ekziston fare.
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2.4 TRANSFORMIMI | PRODHIMIT TE FUNKSIONEVE
TRIGONOMETRIKE NE SHUME DHE NDRYSHIM

1

l.sina-sinB :E(cos(a—[}) —cos(a + B)).
2. cosa. - CosP = %(cos(oc +B) + cos(a — B)).

3.sina.coss=%(gn(a+s)+gn(a—ﬁ)).

1.  Transformoni shprehjet e dhéna:

a) sno; b) cos*a; c) sna; d) cos’a;
e) sin‘a; f) cos*a; 0) tg’a.
2. Njehsoni
a) SSinE-cosﬁ; b) 35in(2+£j-co'{2—£j.
3 6 3 6

Transformoni prodhimet e dhéna:

3. a) cosda.-cosba ; b) sin3x-sin5x;
C) sin(a.—p)-cos(a+P) .

4. @ Sin(%—xj-co{%+x); b) 2sin65° -c0s20°;
C) cos(x+25°)-cos(y +20°).

5. @) sinx-sin2x-sin4x; b) COSZ - COS™ - COS ;

C) sinx-cos3x-sin4x .

V értetoni identitetet:

1+ cosda

6. sin(45" —a)-sin(45° + o) - cos2a = 2
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7.  cos’3+c0s’1-c0os2-cos4=1.

. 2 1
8. sin“ o, -cosa = 2 (coso —cos3a) .
9. sinzoccos?’a:1—16(2003a—cos3oc—00550c).

. 3 3 l . 0
10. sina-cos’a =§(35|n2a—sm6a) :
11.* Vértetoni se nése pér kéndet e trekéndéshit vlen relacioni

sna =2snb [gn® B, g2 =B
2 2 2
atéheré ai trekéndésh éshté barakrahés.

12.* Duke zbatuar formulat pér transformimin e prodhimit né shumé dhe

Duke zbatuar formulat pér transformimin e prodhimit né shumé dhe ndryshim

ndryshim vértetoni se shprehja
sin(x + y)-cos(x — y) +cos(x + y)-sin(x — y)
cos(x + y)-cos(x — y) —sin(x + y)-sin(x — y)
nuk varet ngay.

njehsoni vlerén numerike té shprehjeve vijuese:

13.* @) cos20° -cos40° - cos60” - cos80°;
b) ctg20° - ctg40® - ctg60° - ctg80° .
14 * sinzﬂ-sinzﬁ-sinzﬁ. 15.* cosE-cosE-cosﬂ.
7 7 7 7 7
21 3r
16.* tgr-tg<l 19t
97 g 7 g 7
V értetoni se:
17% snl0°-sin30° -sin50°-sin70° = = .
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18.*

19.*

sin®10° -sin®50° -sin® 70° =i.
64

tg20°" - tg40" - tg60" - tg80" = 3.

Nése o +B+y=mr, vértetoni se:

20.

21.

22.

23.

24.%

25.%

26.*

27

28.*

29.%

sina-sinB-siny=%(sin2(x+sin2B+sin2y).

Sinot-COSB-COSy=%(Sin2y—sin2a+sin2ﬁ).

sina.-sinf - cosy =%(C082y—00820c—0032[3+1) .

cosa. - COSP - CoSy = %(— C0S20. — C0S2P3 — cos2y —1) .

B
2

p

(04 Y Y (04
tg—-tg—+tg—-tg-+tg—-tg—=1.
92 g 92 92 92 92

Sino.- cosP - cosy + Sinf - cosa. - COSy +SiNy - CoSaL - CoSP =sina-SinB-siny .

B .Y B wn¥ L onc® < B oY

.o . . a . a .
Sin—-siN—-C0S—+SiN—-C0S—-SiN—+COS—-SIN—-SiN—
2 2 2 2 2 2 2 2

B Y

a
= C0S—-COS—-COS—.
2 2 2

tg2o - tg(30° — o) + tg2a - tg(60° — ) + tg(60° — ) - tg(30° — ) =1.
Thjeshtoni shprehjen

A =cosa + cos(a + ) +cos(a+ 2B) + ... +cos(a+n-B), neN.

Nése COS(x+y)=:—]; dhe COS(x—y)z%, ku 0<x<y<90°, njehsoni

cosx dhe cosy .
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30.* Letéjeté cos(a+B)=x dhe cos(a—B)=y,ku 0<x<y<90 .Nése

O<a<B<90° té shprehen sina, sinp, cosa. dhe cosp né varés té
x-it dhe y-it.
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2.5 TRANSFORMIMI | SHUMES DHE NDRYSHIMIT TE
FUNKSIONEVE TRIGONOMETRIKE NE PRODHIM

1. sinoc+sin|3=23ina—J2rB-cosa—_B.
2. sinoc—sinB:ZCosaJrB-sina—;B.
3. COSa+COSB=ZCOSa+B-COSa_B.
2 2
4 cosa—cosﬁz—ZsinaJrB-sina—_B.
2 2
Té transformohen né prodhim:
1. a) sin9a +sin3g; b) sin3a —sin4g;

C) cosa + cosba;

2. @) sin(3x+a)+sin(3x—a);
C) cos(x + 2y +z) +cos(x + 4y — z).
3. @ sn20° +sn70’;

Ne

C) —3—sin30°;
2

4. a) sina—cosa;
d) +/3+2cosx; €) 1-4cos’

V értetoni identitetet:

b) cosE—sinE;
5 5

d) cos3b - cos%.

b) cos(% + aj - cos{a —%) ;

b) cos101" —cosll’;

d) sina+1.

C) 2coso +1;

a; f) 3—4sina.
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3 sin(Z+aJ+sin(Z—ocj
J s Y 6. -2
Sin3a—sina (T . (m
sn —+a [+SN ——a
(5ve)srls
7 cos(2a — 3b) + cos3b _tg(3b—a).

sin3b +sin(2a — 3b)

8 Sinz[EJraJ—sinz(E—aj:—smza
: 8 5 i

9 cos(x —3y) —cos(3x + )

=tg(x+2y).
Sn@rty)rsnx_3y) 9+
10, Sina+9SNn2a+sSn3a ~ tg2a.
COSa + C0S2a + €c0s3u

2cos(10° +20) —1

11. =1t9(35" +a)-tg(25 —a).
200810 + 20 1 900 T)-10(25 —a)
12, snazsin3o+Sn5a  tg3a.
cosa + cos3a + cos5a

13. Tregoni se nése siny=3"%"SNP  guners trekéndeshi éshte
cosa. + cosf
kénddrejté.

Vértetoni se:
14.* sec7°(cos43 +c0s29" —cos79° —cos75’) =1.

15.* tg9° —tg27° —tg63” +1g81 = 4.

tor L _ V3 _
" snl0° coslO”

17.*  4(cos® 20° +cos® 40°) = 3\/3¢cos10".
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8\/5 €c0s20°

18.* tg30° +1g40" +g50" +1g60" = =

19.* tg®20° —33-tg*20° + 27-1g220° = 3.
20.* sina—-sin2q¢+sin3a = 4sin%-005a-cos%.

Nése o +B+y=m, tregoni sevlgné identitetet:

B Y

21.* sinoc+sin[3+siny=4cos%'cosz-cos?

22.* sina+sin|3—siny=4sing-sinE-cosl.
2 2 2

23.* sin2o.+sin2B+sin2y =4sina.-sinB-siny.
24.* sin2o.—sin2B—sin2y =—4sino. - CosP - Cosy.
25.* sina+sin’p-sin®y =2sina-sinp - cosy.

B oLy

26.* coso +cosp+cosy =1+ 4sin%-sun5-sin5.

p

27.* coso + CosP —cosy = 4cos% . cosE . sin% -1

28.* cos2a +cos2B + cos2y = —1—4cosa - COSp - COSY.
29.* cos’ o+ cos’ B+ cos” y =1— 2coSa. - COSP - COSY.
30.* tgo+tgp +tgy = tga - tgP - tgy.

31.* ctga + ctgp + ctgy = ctgo. - ctgp - ctgy.
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32.* t g-t E t E-t 1 t l.t g:l,
g2 g24_92 g2+92 g2

33.* Tregoni se nése pér brinjét e trekéndéshit o, B, y vien

tg(a—B) +tg(B—y) +tg(y —a) = 0.
atéheré ai trekéndésh éshté barabrinjés.

34.* Vértetoni se nése sina+sinB=2sin(a+p), kKu a+p=#kr, atéheré

a ., p 1
tg—-tgs ==.
gZ g2 3

35.* Vértetoni se

sinoc+sinB+siny+sin8=4sinaJ2rB-sinB;/-siny;a

Ku a+p+vy+8=2m
. N 0 . : 20 .
36.* Nése tgzzcosece—sme, tregoni se cos Ezcos36 :

.. sSina —cos . . .
37.% Nése tgo=——2—>% tregoni se ¥/2sin® =sina — cosa.
Sina + COSa

38.* Caktoni kéndin o nése:

a) tga =6++/3-+2-2; b) ctga = 2+~/2 +/3+4/6.

39.* Técaktohet 2N4 05 uee

Sina — coSa

sin2a =m, m € (-1,0) dhe 2a 6[3—275,275j :

40.* Nése cosa = cosp-cosy dhe cosa + cosp =0, tregoni se

tga_"'B.tga_B =t

=P _ 2
2 2 gz'

41.* Vértetoni se
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n Snna-cos(n+1)-a
cos? o+ CoS? 20 +...+ COS® noL = — + .S( ) :
2 2sino

42.* Eshté dhéné
a, CoSa, +a, CoSa, +...+a, cosa, =0,

a, cos(a, +1) +a, cos(a, +1) +...+a, cos(a, +1) =0.
Tregoni se pér ¢do b vlen
a, cos(a, +b) +a, cos(a, +b) +...+a, cos(a, +b) =0.
43.* Nése n=1(mod5)dhe n=2 (mod5) (n< N) vértetoni sevlen

2n-1
COSs

n+cosﬂn:0.
5

44.* Nése numri n nuk e pjeséton numrin 7, vértetoni se

1
nm 3nn Snn E (n—tek)
E= COS7 + COST +COS——— =

—% (n—cift)
Téanaizohet rasti kurn =7k, k € Z.



