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1

Numrat e ploté. Veprimet
me thyesa

Té njehsohet vlera e shprehjeve:
Shembulli 1. (-2) —2-{(-21) + (-11) — (+6) — (-8) — (-4)}.
Zgjidhja.
(=2) = 2-{(-21) + (-11) - (+6) = (-8) - (-4)}
=-2-2.{-21-11-6+8+4}
- 2-2(-26) = -2 +52 = 50.
Shembulli 2. [3+(21-(-4)]+[24-(-12)-36-T].
Zgjidhja.
[B+(21—-(-4)]+[24-(-12)-36-"T7]
=[3+21+4]+[24+12-36-"T]
—28+(-7) =28 -7 =21.
Shembulli 3. 2-(-1)> +3-(-2)’ —(-2) - (-3)".
Zgjidhja.
2-(-1)* +3-(-2)" = (-2) - (-3)*
=2 (1) (-1)+3:(-2)(-2)-(-2) - (-2) - (-3) - (-3)
—213.(-8)—(-2)-9=2-24+18=20-24 =4
Shembulli 4. (-4 +(7+(-5)) + (-6).
Zgjidhja.
(-4+(7T+(=5) +(-6)
=(-4+7-5)-6=(-9+7)-6=-2-6=-8.



2 NUMRAT E PLOTE. VEPRIMET ME THYESA

2 2 2
Shembulli 5. (—lj +(—3) —(ﬁj .
2 3 2

Zgjidhja.

1Y 2\ (3Y 1 1 2 2 33 1 4 9
R +| —= —| = =l -=1].|l=-=|4]|-=||-—=|- - —"="—"4+ ===
2 3 2 2 2 3 3 29 4 9 4
9-1+44-4-9-9 9+16-81 25-81 56 28 14
36 36 36 36 18 9’
2
Shembulli 6. 4.|-2| 1rali(3)2 122,
2 3 3
Zgjidhja.
2
-3 +21+(—3)2— 92)24.9,7,9,8
2 3 3 4 3 3
—9+li9+8 18478 18,10 1g45-93.
3 3 3
1 _38
Shembulli 7. 23 .17
11 8 7
7+7
2 '3
Zgjidhja.
11 8 33-16 17

2 317 6 17 6 17 176 17 17 7 7 1
11, 8°7 33+16°7 497 6.49° 7 49 17 49 7T
23 6 6

1 1 11
. 5 6 3 4.1
Shembulli §. —l L —i Th
3 10 12
Zgjidhja.
11 1 1 6-5 4+3 1 7
J— — i_i_i - I I
5 6.3 4.1 _| 30 12 |12_130 129
1L3'1210+331133'
3 10 12 30 12 30 12
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.80 72 ., 1 7 ., 712 74 28
30-13 3-12 13 3 13-3 131 13
o103
Shembulli 9. G
21— — |- —
e

Zgjidhja.

(6303 )50 (849).95 sez-225 35 237 35
5 14 6 \56 14) 6 _ 70 6 70 6
;1.5\ 5 855 195 195

4 ) 2 4 2 4 2 4 2
237 237

1
6 _ 12 _ 237-8 237-2 474
74 5 395 39512 395-3 1185
2 8
(7.3-2.9)

2.2

Shembulli 10.

Zgjidhja.

Meényra e paré:

Kryejmé veprimet me numra dhjetor.

(7.3-2.9) 4.4-2.5
22 22

Meényra e dyte:

Numrat dhjetor sé pari 1 shndérrojmé né thyesa e pastaj kryejmé

veprimet me thyesa.
(73 29)25 73-29 25 44 25 4425

=2.25=5.

10 10) 10 _ 10 5210'10210.10210-44-25:@=5
22 22 22 22 10-10-22 10
10 10 10 10
[1.7—1]-0.5
Shembulli 11. ~—_ >
—:0.2

5



4 NUMRAT E PLOTE. VEPRIMET ME THYESA

(1.7_1)0.5 (17_1)5 17-5 5 12 5 125
2 ~\10 2)10 10 10 _10 10 _ 100

7 10 7-10 70

2
10 5 2 10 10
3

Detyra pér ushtrime
Té njehsohet vlera e shprehjeve:

1. (=14 + (17 + (=15))) + (-3).

. (~(-=12) + (=3) — (+5)).

. (-11) = (-2) = (-6)).

. 2(=3 + 4(—(=3) + (-5)) + 6).

. =3(=2-4((2) - (-12)) + (-12) = 7).
(2-(=3))(3+(-4)) + 3+ 2(—(-2) + (-4)) + 1.
2(-1)* + 2(=3)* + 3(=2)® + 4(-1)*.

(-2)* = (+2)* - 3* - 2%,

(=2 +3(=2)) + (4(-1)° + 2(=2)®).

10. (-1 +2(=3)%)-(2(=2)* + 3(-3)%).

(-
R

13. (-2)* + 3%— (-2)° + (—1%} —(-3)%.

© P N @GR w o

14.l—l+l.
2 3 6

15, 242 2- L
3 5 10
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16.

17.

2.2 1 1
15+2 -2 |
18.{ 3 7,38 T].-
1 ! 4

1 —+1
21 21
22_1123j 22 1 (1 .2
19. +—|==-1=
1_1).2 212 3
13 39)°5
20. (2.9—4.6)-2.4.
2.5
91 (2.3+(-2.5+(-2.2))-1.2
) 1.5:1.3 '

gy (14-(-1.5-(-12))-32
0.5:0.3




Shprehjet algjebrike

1. VEPRIMET ME SHPREHJE THYESORE
Veprimet me thyesa té pérgjithshme algjebrike.

1) P 2—:, (9,t #0) — vlera e thyesés nuk ndryshon nése numéruesi

dhe eméruesi shumézohen me té njéjtin
polinom (numeér) té ndryshme nga zero.

2) P p—:, (9,t #0) — vlera e thyesés nuk ndryshon nése numéruesi

dhe eméruesi pjesétohen me té njéjtin
polinom (numér) té ndryshém nga zero.

J’_
3) Big: p_q’ r #0— tek shuma (zbritja) e dy thyesave me emérues
r r r
té njéjté, numéruesit e thyesave té dhéna
mblidhen (zbriten) kurse eméruesi mbetet i
njéjte.
pr pr o , :
4) ——=—,(9#0, s#0)— tek prodhimi i thyesave numéruesit dhe
q s Qs
eméruesit e thyesave té dhéna
shumézohen.
pr ps e s )
5) —:—=—-—,(q,r,s#0)— herési i dy thyesave éshté i barabarté me
qas qr

prodhimin e thyesés sé paré me vlerén
reciproke té thyesés sé dyte.
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Té thjeshtohen thyesat
2
Shembulli 1. 22
Zgjidhja.
6a’b  2a
21ab®  7b?*

2

Shembulli 2. 29
16x°y

Zgjidhja.

A y 1

16x2y°  4xy®  4xy

2 3
Shembulli 3. 2XP_
18xpq
Zgjidhja.
12x*p°  2xp’
18xpg  3q

Shembulli 4. 2=V
(@a=3)"(x+y)

Zgjidhja.
(@-3)(x+y)’> x+y
(a-3?%(x+y)* a-3

Shembulli 5. — == .—=

Zgjidhja.
2y 82 2ey3x 6

y 6z x y-6z.x 6

2

5 4
Shembulli 6. 16x2-y3:(— 20y ]
33Xy
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SHPREHJET ALGJEBRIKE

Zgjidhja.

5 4
16x2-y3:(—20)(2 y j:16x2-y3£
33Xy

_1ex*-y*-3Xy . 4x"-3y' 4.3 12

91a°-b

Shembulli 7. (

Zgjidhja.

115xy*

20%° - y* 5¢-y*  5X 5X

52a’h® 39a’b’
69X’y ~92x’y’

2 2
_25)(3)/4):_16’(2' .3y
Xy

20x° - y*

115xy®  69x‘y 39a’b°

© 69-39-1155a°b°x°y?

[52a2b3 _ 39a4b6] 91a’-b 52a’b® 92x°y’  52.92.91-a°h’x’y’

69x‘y 92Xy’

2
Shembulli 8. (@ 14x yj

4xy 12a%b
Zgjidhja.

ab

5"

Xy

(3ab 14x2yj_£_ 3ab 14x’y xy*  3-14ab’y’  14x°y?  7XPy?
N

4xy 12ab

3,2
Shembulli 9. (X yp. Py

Xy X p*
Zgjidhja.
[xayzp. pxy)_XSyzp‘xzpz_
PPy’ Xp’ ) Py pxy
Shembulli 10. >-24 2.

X X X
Zgjidhja.
3 5 9 3-5¢9 7
X X X X X

Xx+3 x-1

Shembulli 11. ——— ——.
4 4

Zgjidhja.

}

X+3 Xx-1 X+3-1.(x-1) x+3-x+1 4

4 4 4

4

4

1
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2X+3+ 2x+5_ 2X-7
4b 4b 4

Shembulli 12.

Zgjidhja.
2x+3+ 2X+5 2X—7 _ 2X+3+2X+5-2X+7 _2X+15
4b 4b 4b 4b 4
Shembulli 13. 2+ Za;b.
Zgjidhja.
4a+3p 2a-b 4a+3b-2(2a-b) 4a+3b-4a+2b 50 b
10 5 10 10 10 2°
2 e
Shembulli 14—+~ &0
6a 3b° 6Gab
Zgjidhja.
1 1 a-b_ b-1l+2a-1-1-(a"-b°) b°+2a-a’+b’
6a 3p° 6Gab® 6ab’ 6ab’
_2b*+2a-a’
6ab®
Shembulli 15, X=2Y _2X*3Y
Xy Xy
Zgjidhja.
X=2y 2x+3y _ y(x=2y)-x(2x+3y) _ yx—=2y*-2x*-3xy
X2y Xy2 X2y2 X2y2
_=2y7 —2x —2xy

X2 y2

2X+1 1 x-2

Shembulli 16. +

X 2 X
Zgjidhja.
2X+1+ 1 . X=2 _ 2X(2x+1) +1+2X(x-2) _ 4%% 4+ 2X+1+ 2X° — 4X
X 2 X 2x° 2x°

_6x*—2x+1
23



10 SHPREHJET ALGJEBRIKE

2. ZBERTHIMI I POLINOMIT NiE FAKTORE
Sé pari pérkujtojmé se shprehjet

1
3x? +x, x2—§x+3, B rx+1lx" —x+2

paragesin polinome.
Shprehja

p(x)=a x"+a X" +..+ax+a,
ku a,,a,,...,a, jané numra realé quhet polinom.

Ligjet dhe formulat pér zbérthimin e polinomit né faktor:

1. Ligji distributiv — faktori i pérbashkét nxirret para kllapave
ab+ac=a(b=*c).

2. Grupimi i anétaréve
ax+ay +bx+ by =ax+bx+ay+by = (a+b)x+ (a+b)y=(a+b)(x+y).

3. Katrori i shumés (a+b)’ = (a+b)(a+b)=a*+2ab+b’

4. Katrori i ndryshimit (a—b)’> = (a—b)(a—b)=a’—2ab+b*

5. Ndryshimi i katroréve a’>—b’> =(a-b)(a+Db).

6. Kubi i shumés (a+b)® =(a+b)(a+b)(a+b)=a’+3a’h+3ab’ +b’.

7. Kubi i ndryshimit (a-b)® = (a—b)(a—b)(a—b) = a’— 3a’b+ 3ab’ —b’.
8. Shuma e kubeve a’+b’=(a+b)(a’—ab+b?)

9. Ndryshimi i kubeve a’—b’ =(a-b)(a’+ab+b?).

Le té vértetojmé disa nga formulat e mésipérme:
Shembulli 1. Tregojmé se (a+b)® =a’+3a’b+3ab’ +b’.
Zgjidhja.
(a+b)® = (a+b)*(a+b)=(a*+2ab+b*)(a+b)

=a’+ 2a’b+ ab® + ba® + 2ab* + b’

=a’+3a’b+3ab’ +b° .
Shembulli 2. Tregojmé se (a—b)’ =a’—-3a’b+3ab” -b’.
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Zgjidhja.
(a—h)® = (a—b)*(a—b) = (a2 — 2ab+b?)(a—b)
— (a® — 2ab+b*)(a—b) = a’ — a’b— 2ab+ 2ab’ + ab’ — b’
=a’-3a’b+3ab’ -b’.
(a+b)® = (a+b)*(a+b) = (a° + 2ab+b?)(a-+b)
Shembulli 3. Tregojmé se a* b’ =(a—b)(a+b).

Zgjidhja.
(a+b)(a-b)=a-a+a-b—b-a-b-b=a’+ab-ba-b*
=a’-b’.

Shembulli 4. Tregojmé se a’-b’ =(a—b)(a’ +ab+b?).

Zgjidhja.

(a-b)(a®>+ab+b’) =a’ +a’b+ab’ —ba’ —ab* - b’
=a’-b’.

Shembulli 5. Tregojmé se a’+b’ = (a+b)(a®>—ab+Db?)

Zgjidhja.

(a+b)(a® —ab+b’) =a’-a’b+ab’ +ba’ —ab® + b’
=a’+b’.

Shembulli 6. Zbértheni shprehjen (1+2x)°.

Zgjidhja.

(1+2x)° =1 +3=2°+3-1*- 2x+3-1- (2X)* + (2X)*
=1+6X+3-4-X* +8%°.

Shembulli 7. Té faktorizohet shprehja 1° — x°.

Zgjidhja.

P-x’=1-X)(2+1-x+ X)) = (1- X)(1+ X+ x°).

Té zbatohen formulat e mésipérme.

Shembulli 8. (l-lj X+ )
y X

Zgjidhja.
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[ﬁ_zjz(xw)(xz—yz}(xw):xz—yz, 1 _(X=y)(x+Y) _X-y
y X Xy 1 oxty o (x+y)0y)

Shembulli 9. (1-%] (X4 ).

Zgjidhja.
X 2 _x? -X)(y+x) 1 —X

[1——2j:(x+y):—y > :(x+y):(y )(2y ). :yz.
y y y X+Yy y

Shembulli 10. (E—EJ:[i—i}

Zgjidhja.

[1_1)(i_i)_b—a_b2—a2_b—a' a’b’®

a b)la® b’ ab  a®’ ab b*-a?

_b-a a®m® _ ab
ab (b-a)b+a) b+a’

a b a+b

Shembulli 11. >+ + )
ab-b* a’-ab ab

Zgjidhja.
a b a+b a b a+b
+ + = + +
ab-b? a’-ab ab b(a—b) a(@a-b) ab
_a’+b’+(a-b)(a+b) a*+b*+a’-b* 2a® = 2a
ab(a—b) ab(a—b) ab(a—b) b(a-b)
1 N 2b _ a+b
a’+ab a*-ab® a’h-ab*’

Shembulli 12.

Zgjidhja
1 2b a+b 1 2b a+b
+ - = + -
a*+ab a’-ab’® a’b-ab®> a(a+b) a(a®*-b*) ab(a-b)
1 . 2b __a+b _b(a-b)+2b*-(a+h)*
a(a+b) a(a-b)(a+b) ab(a-b) ab(a+b)(a-b)
_ba-b*+2b*—(a’+2ab+b®) ba-b’+2b°-a’-2ab-b’
ab(a+b)(a—b) ab(a+b)(a-hb)
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. —ab-a® = -—ab+a) @ -1
~ab(a+b)(a—b) ab(a+b)(a-b) ba-b)’

Shembulli 13. 2ab+a :( ! + > j
b>—b+1 (b+1 b*+1
Zgjidhja
ab+a_(1+3bj_ab+a_1+ 3b
b’—b+1'\b+1 b*+1) b*-b+1 (b+1 (b+1)(b*-b-1+1?)
ab+a [ 1 N 3b
b?’-b+1 (b+1 (b+1)(b*>-b+1)

ab+a [ b’-b+1+3b
b2 —b+1 ( (b+) (0 —b+1)

ab+a = b’+2b+1

b’ —b+1 (b+1)(b*—b+1)

ab+ra  (b+1(b*—b+D)

b*-b+1 b*>+2b+1

(ab+a)(b+1) _ab+D(b+1) _ ab+)® _a®®+20-1+1%)

b?2b+1 b2+2b+1 Db°+20+1 B2 +2b+1

Shembulli 14. (1+a+ ! j:[n L j
1-a 1-a°

Zgjidhja.

(l“”_j( 1 j ((1+a)(1 a)+1)(1—a2+1j
1 1-a° 1-a°
2
1

1-a*+11-a° 2-a® 1-a° 1 1-a&°

1-a 2-a& 2-a> 1-a 1
2 2
_T-a =(1—a)(1+a)=1+a'

1-a 1-a

16x — X +3+2x 2—3Xx

Shembulli 15. - .
X2 —4 2—-X  X+2

Zgjidhja.
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16x—x2+3+2x_2—3x_ 16x— X L 3+2x 2-3x
X—4  2-X X+2 (X=2(X+2) -Xx+2 x+2
_ 16x-X? L 3+2x 2-3x 16x—x*  34+2x 2-3X
Xx=2)(x+2) —(x-2) x+2 (X-2)(x+2) x-2 XxX+2
_16x— X* — (x+2)(3+2%) — (x— 2)(2—3x)
(x=2)(x+2)
_16x— X* — (3X+ 2X° + 6+ 4x) — (2x— 3x* — 4+ 6X)
(x=2)(x+2)
_16x— X° — (7Tx+2X* + 6) — (8x— 3x* — 4)
(x=2)(x+2)
_16x- X -7x-2x*—6-8x+3x’+4  x-2 1
(X—2)(x+2) (X-=2)(x+2) x+2
5a 5x 10ax ). a X 2ax
atx a-x @-x ) a+tx a-x @-x)

Shembulli 16. (
Zgjidhja.
( 5a  5x  10ax j( a X 2ax j
+ + : + -
a+x a-x a’-x*)la+x a-x a’*-x
ba 5x 10x [ a X 2ax
a+x a-x (a-x)(a+x) a+x a-x (a-x)(a+x)

_ [ 5a(a—-x) +5x(a+x)+10ax | [ a(a—x) + x(a+ x) - 2ax
N (a—x)(a+ x) ' (a—x)(a+ x)

5a” —5ax+5xa+5x* +10ax | ( a® —ax+ xa+ x* — 2ax
(a=x)(a+x) (a=x)(a+x)

5a° +10ax + 5% _((a— X)(a+ x)j
(a-x)(a+x) )\ a®—2ax+x?
_ 5(a’+2ax+x*)  5(a+x)’
a’-2ax+x>  (a-x)°
4a’ 25b° 2a 5b

Shembulli 17. ——— ===
10ab—-25b° 4a°-10ab 5Sb 2a

Zgjidhja.
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4a° B 25b° ~2a &b
10ab—-25b*> 4a®’-10ab 5b 2a
4a? 25h° 2a 5b

T Bb(2a-5b) 2a(2a—5b) 5b 2a
_ 2a-4a” —5b- 25b° — 2a(2a - 5b)2a—5b(2a—5b)5b
10ab(2a— 5b)

_ 8a® —125b° — 4a’ (2a—5b) — 25b* (2a— 5b)
10ab(2a— 5h)

B 8a’ —125b° —8a® + 20a’b — 50ab’ +125b°
10ab(2a— 5b)

_ 20a’h-50ab’ _ 10ab(2a-5b) _,

10ab(2a—5b) 10ab(2a—5b)
1 2 1
+ + :
X +6x+9 x*-9 x*-6x+9

Shembulli 18.

Zgjidhja.
1 2 1 1 2

1

2 + 2 + 2 = 2+ + 2
X +6X+9 X -9 X -6x+9 (x+3)° (X-3)(x+3) (x-3)

~ (x=3)?+2(x—3)(x+3) + (x+3)*

- (x+3)?(x—23)?

X =2X-3+F 4+ 2(X -F) + X+ 2x-3+ 3
- (x+3)%(x—3)?

X2 —6X+9+2x* 18+ x>+ 6Xx+9 _ 4%
(x+3)*(x-23)? (x+3)*(x=3)*
3a-2b 3a+2b

Shembulli 19. _33+2b 3a-2b
emoutit 29 9a7 —ay  9a? + 4b?

9a’ +4b* 9a’ —4b?
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Zgjidhja.
3a-2b 3a+2b (3a—2b)* —(3a+2b)*

3a+2b 3a-2b __ (3a+2b)(3a-2h)
9a*-4b® 9a’+4b’ (93’ —4b®)? —(9a® + 4b%)?
9a> +4b° 9a’-4b® (92 +4b%)(9a’ — 4b?)
(3a)2 — 2(3a)(2b) + (2b)* — ((3a)° + 2(3)(20) + (2b)?)
_ (3a+ 2b)(3a— 2b)
T (92%)7 —2(9a°)(4b%) + (4b°)? — ((9a°)? +2-9a° + 2-9a” - 4b” + (4b°)°
(9a° + 4b%)(9a’ — 4?)

(3)? — 2(3a)(2b) + (2b)? — (3a)? — 2(3a)(2b) — (2b)?
B (3a+ 2b)(3a- 2b)
" (9a%)? — 2(9a)(4b?) + (4b%)? — (9a%)? — 2-9a® - 4b? + (4b?)?
(3a+ 2b)(9a — 4b?)

—12ab-12ab —24ab
__(3a+2p)(Ba-2h) 9 4D
—72a’h? - 72a’b? —14a’h®

(982 + 4b%)(9a® — 4b?)  (9a’ + 4b?)(9a? — 4b?)
_ —24ab(9a” + 4b%)(9a” — 4b%) _ 9a’ + 4’

-144a%b*(9a° - 4b?) 6ab
Shembulli 20. X% . 12X
4x° —x 2x-1 4x°—4x+1
Zgjidhja.
X+1 1 2X x+1 1 2X

3 + T2 = 2 + - 2
A —x  2x-1 4x"—4x+1 Xx(4x°-1) 2x-1 (2x-1)
B X+1 N 12X
X(2x-D(2x+1) 2x-1 (2x-1)?
_(2x=D(x+1) + x(2c-1)(2x+1) — x(2x+1)2x
X(2x-1)%(2x+1)
2%+ 2x— x—1+ X(4x* 1) - 2x*(2x+1)
X(2x-1)%(2x+1)

22X X144 - x— 4K -2X -1
X(2x—-1)*(2x+1) X(2x-1)°(2x+1)
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Detyra pér ushtrime

Té thjeshtohen thyesat
6ac 4ab’c’®
" 14a’bc’ " 12a%b’c’
4 (a+b)(x+1)?> 5 x(a+2y)
" 3(a+b)?(x+1)°’ " 2a® +4ay’

Kryeni veprimet me polinome:

7ab®p’
TP

Xy (x+1)
TR+ 2x+D)]

7. @) 2a+b_3a+2b; b) i+i_2b—3a; 0 x42ry+x—2y.
4 6 3a 2a 6ab Xy yX
_ 2 4 2
8.a)1 9a; : X' =X ; 0 (x+3) 225 .
3a+1 (X" +Xx+D(x+12) 2x-H(x* +1
2 —
9. a) 32_ 42_ 22;b2x +x 1_2x+1;
X=X 1-X X+X Xx°—36 x+6 x-6
2X  X(2x* —2x+3) X+1
€)—— 3 +— :
X+1 X +1 X" —x+1
10. a) — 1 + 22 +— 1 ;
X +6x+9 x°-9 x*-6x+9
x+1 1 2X
b) ——+ - ;
4 —x  2x-1 4x° —-4x+1
4 3 _ 3 2 _
11. a) 31 .xz X, b) x4 X y+y +y+1ly 1;
X -1 X" +X y -1 x+1 x-1
x> 1
2-X 5 x| a+b a+c) b’
c) | —-1}| - d) - 5 .
X+1 2x-1 2 b a Ja" -bc
X +2 3 1-3x-% X —y° X' —y*
12. a) — = . b) y__. . A—
X +x+1 { x-1 x -1 1-6m+9m° 1-18m" +81m
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(a+b)® Cab 3a-2b 3a+2b
3ab : 3a+2b 3a-2b
13.0) ———— b :
Y —a_b) ) %% —db? 9l 1 4D°
+1 -
ab 9a* +4b®> 9a*-4b’

14. a) (E+2+Ej:( a >+ 2 + 2b j;
b a ab+b~ a+b a“ +ab

1 1+2a®° 3a+2 1
b) + —+— | a+r——|.
a-1 1-a a +a+l a+1
Té thjeshtohen shprehjet:

15. 3y*((2y-D+y+D)-y(d-y+y’) -y’ +y.
16. 2x*-a—a(l+2x*) — (a— x(x+ a)).

17. (2x° - (x> =1 + (x+3)2x* — 2x*)(3x)* - 3x°.

18. (X+D)(L+x— X+ X = x*) = (X=D)(L+ x+ x> + X’ + x*).
19. (X=y-2)(X=y)+(y—x-2)(z=X) +(z-x-y)(y-2).
20. (X+D(x+2)(X+3)(X+4) — (X+ 2)(x+ I (x+4)(x+5).
Té thjeshtohen shprehjet:

21. (y=2(y+2)+(y-3)(y+3 - y(2y+1) - 4.

22. (5a-b+1)(5a+b-1)-24(a+1*+b*-1.

23. (x—2y?)* —(x+2y?)*.

24. (2x+1)(2x—1)(4x* +1).

25. (a+b-c)’+(a-b+c)>.

26. (a+2b-c)’—(a-2b+c)°.

27. (x—y)* - (x+Yy)*.

1 e :
28. | =b+ +| =b- .
(2 y) (2 y)

29. (a—b+c)*—(a+b+c)’.
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30. (a—b)*+2ac+2(a—b)—2bc+(c+1)>.

Té kryhen veprimet me shprehjet algjebrike:

g, X-y b _a
ab  X-y X+y
X +xy 4x -4y° a+b 2(a-b)
32, — L .% . 33. = .
X =Ty" X —xy a’bc  abc
xX* —y° m -n®>  mn+m’
34. — yz:(x+y). 35. IV
X +y (m-n°)" m —n
36 14a'® 10x°y’ 37 9cx® 2ab” 4by®
" Bxy 21a%® "16ab cxy 3axt
2,2 2 2 3 3 2 2
38. Xy -4y" Xy . 39. 2X° =2y 15x" -15y .
4xy 2xy — X’y 3X+3y X+xy+y’
a’-p* a'-p’ a’+ab a’-b’
33. = .— . 34. =72 .
a“+b° a°-2ab+b a’—b" ab(a+b)
40 (¢ + y(X+ y)(X* - y?) 41 a’-2ab+b* a’+b’
TR +3xy(x+ Y) + V) - V) " a’—ab+b® a-b’
49 m*+m(@a+b)+ab m*-c’ 43 ab-ad ba+ad
"m—(a-c)m-ac m’-a*’ " bc+ed bc—cd’
x' -y X—y a’+b’—ab x*+y’-2xy
L RV RIr ot 45, = _— .2 77 "N
Yy —2Xy Xy+X X—y a’+b
3y? y 1
46. X — RN 2y, W2
xy: X+ Xy+yx X —xy

X -y 2y 2xy + 4y
47. . + .
2y 4-2y—-2x+xy (X—y)(x*-4)
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48.

50.

51.

52.

53.

54.

55.

56.

517.

1 1 1 1

S —t+ 2 2 2
a+b a-b_ 49, & _b+c (4 b Hc-a)
1 1 2bc

1 1 1 1

olo

a+b a-b a b+c

2 ( 1 2 1 j (x+4j2
+ + + . :
4x — X2 X2 —4x 16—x* 16+4x) \ x-4

[(a+b)2_ ]((a+b)2 j
4ab 4ab (ab+(a—b)*)((a+b)’ —ab)
(a+b)* —3ab(a+b) (a—b)*+3ab(a-b)

y'=x* m+n_ x ) m-n
m -n®> Xx—-y n-m) 2y

X —9y’x [ x+3y . X — 3y
9y* +x* | x®-3xy 3xy+x*)

X X .y2—2xy+x2+ y
X2 -y (x—-y)? 2X X+Yy

(a—b)z'[ a a j 3a+b

+ .
a (a-b)> b’ -a? a+b
( a b 2ab j a ( b 2ab ]
+ + . + + .
a+b a-b b’-a*) a-b (b—-a a*-b?

1 yz—xyz. Xty . X+y | X
xUx+y ) Lx=y)" x-y") x+y




Barazimet lineare

1. BARAZIMET LINEARE ME NJE TE PANJOHUR

Barazimi (ekuacioni)
ax=D (1

paraqget formén e pérgjithshme té barazimit linear me njé té
panjohur.

Né relacionin (1) e panjohura éshté x.
Numri z éshté zgjidhje e barazimit (1) nése a-z=b.

Nése a=0 barazimi (1) ka vetém njé zgjidhje X:E.
a

Vérteté a-g =h.

Nése a=0 dhe b#0 merret 0-x=b,b=0, gjé qé nuk éshté e

mundur. Né kété rast themi se barazimi (1) nuk ka zgjidhje
(ose themi se éshté i pamundur).

Nése a=0,b=0,merret 0-x=0 dhe kété barazim e plotéson ¢cdo

numér real x. Né kété rast themi se barazimi (1) ka pakufi
shumé zgjidhje (ose themi se barazimi éshté i pacaktuar).

Té zgjidhen barazimet:

Shembulli 1. x+4=2x-1.
Zgjidhja.
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Pérkujtojmeé se gjaté zgjidhjes sé barazimeve, té panjohurat i
vendosim né njérén ané té barazimit (zakonisht né anéne
majté) dhe té njohurat né anén tjetér.

X+4=2x-7
X—2X=-4-7

Prova. 11+4=2.11-7
15=22-7
15=15.
Shembulli 2. (x+3)-2(x-1)=5.
Zgjidhja.
(x+3)-2(x-1) =5
X+3-2x+2=5
-X+5=5
-Xx=0
x=0.
Shembulli 3. 3x—(x+2) =12(x-3).
Zgjidhja.
3X—(x+2)=12(x-3)
3X—Xx—-2=12x-36

2X—2=12x—-36
-2+ 36=12x - 2X
10x=34

34 17
X=— =",

10 5

Shembulli 4. 4y—%(y+1) =§y.
Zgjidhja.

1 3
4y—-=(y+1) ==
y 2(y+) Y
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REFAERrA
13
Y—Ey—§y=§
8y-y-3y 1
2 2
4y 1
2 2
1
yzz-
Shembulli 5. X1y X1, X
3 4 2
Zgjidhja.

.. .. .., X+1 x-1 x .
Té dy anét e barazimit %_X:T+E i shumézojmé me

shumeéfishin mé té vogél té pérbashkét té numrave 2,34 e qé
éshté 12. Merret:

XTH—szT_lJrg -12
4(x+1)-12x = 3(x—1) + 6x
Ax+4-12x =3x— 3+ 6x
—8Xx+4=9x-3
-17x=-7

7

X=—-.
17

Shembulli 6. >=1

+2(x+1)=%x—g(x+3).

Zgjidhja.
3x-1

+2(x+1)=%x—§(x+3)|-10

2(3x—-1) +10-2(x+1) =5x—2-3(x+3)
6X— 2+ 20(x+1) =5x—6(x+ 3J)
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6X—2+20x+20=5x-6x-18
26X+18=-x-18

27x=-36
__36__4
27 3
. 2 1 . 3
Shembulli 7. X+§X=Z' Shembulli 8. x+7=5x.
Zgjidhja. Zgjidhja.
3
wiZyo 1 X+7 =X
3 4
3X+2x 1 x—§x=—7
3 4 2
5x 1 2x—3x:_7
—=—-12 2
3 4
—X
20x=3 7=—7|-(—1)
X= 3 X
20 Z=7|2
20 > I
x=14.
. 1 1 . X X X
Shembulli 9. x—=x+6==x-4. Shembulli 10. —+—==—.
2 3 8 4 12
Zgjidhja. Zgjidhja.
x——x—lx=—4—6 XXX
8 4 12
6x—3x—2x=_10 3x+6x—2x:0
6 24
X__10 X _0|.24
6 24
X =—60. 7x=0[:7. Pra x=0.
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2
—_ — X_i
Shembulli 11221+ X22 Shembulli 12. — 34+ XL
5 3 4 12 18
Zgjidhja. Zgjidhja.
3(x-D+5(x-2) 1 3x-2
15 15 —431 x_1
12 18
3x—3+5x—10:i‘15 1
15 15
3X_2+l_i.36
3Xx—3+5x-10=1 1 12 18
8x-13=1 3(3x—2)+3x=2
8x=14|:8
OX-6+3x=2
14 7
8 a 12x=2+6. Pra x=2 _2
12 3
1
X—-1=
Shembulli 13. — 3 +1 X2
3 4
Zgjidhja.
w4
3+£_x—2
3 4 5
3x-4
3 +sz—z
3 4 5
3X_4+1:X_2|-180
9 4 5 |

20(3x — 4) + 45-1= 36(x - 2)

60x—80+45=36x—72
60x —36x=—-72+80-45
24x=-37

37
o
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x—g 2x—1E X
Shembulli 14. —3 + 3_2
1.3 12
4 5

+1

Zgjidhja.
3x-2 5
X

12x—8+ 3(6x-5) X
3 3 2
12x-8 30x—-25 x
+ =—+1-6
3 3 2
2(12x—8) + 2(30x—25) =3x+6
24x—-16+60x—-50=3x+6
24x+60x—3x=6+16+50
8lx=72]:81
72 8
X=—=—.
81 9
Shembulli 15. 2x+1+3(x+1)(x-1) = (3x+ 2)(x-1).
Zgjidhja.
2X+1+3(x+D(x—-1) = (3x+ 2)(x-12)

+1

2X+1+3(x* =1) = 3x* —3x+2x -2

2X+1+3x* —3=3x"—x-2
2X+3x* —3x° + X=-2+3-1
3x=0

x=0.
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Shembulli 16. (2x-1)* +(3x+1)* =13x* +12.
Zgjidhja.

(2x-1)% + (3x+1)* =13x* +12

4X* — AX+1+9x° + 6X+1=13x* +12

13x% +2x—13x* =122

2x=10
X:E:S.
2
X 3X X 2
oS 57 i 373
Shembulli 17. + — — =1
2 6 12
Zgjidhja.
X 3X X 2
5 57 10 373
2,2 " ~ _1
3 2 6 12
2+X 3x-2 X—2
2 .2 1433 1
3 2 6 12

2+x+3x—2_1+3x_ X_2=1|-36

6 4 6 36
6(2+ X) +9(3x—2) - 6(1+3x) — (x—2) =36
12+ 6x+27x—-18-6—-18x— x+2=36

14x = 46
46 23
X=—=—.
14 7
13 xx
Shembulli 18. 2 ,y-3 2,-—_
5 15
Zgjidhja.
3o xx
2 ,x-3 2,>_9p

5 5 15
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2—-3+X 2X+ 3X

2 ,x- 6 +E=O
5 5 15
x-1 5x 11
4 Xx-———+==0
10 6-5 15
X1 X M o130
10 6 15

3(x-1)+30x—5x+22=0
3X—3+25x=-22

28x=-19. Pra x:—E.
28

Gjaté zgjidhjes sé disa llojeve té barazimeve zbatohet
ekuivalenca vijuese:

é=O<:> A=0AB=0.
B
Duke zbatuar ekuivalencén e mésipérme té zgjidhen barazimet:

Shembulli 19. X1 -0,
X+2

Zgjidhja.
X—_1=O<:>x—l:O/\x+2¢0<:>x—1=0/\x¢—2<:>x:1.
X+2

. X—4

Shembulli 20. —=0.

X +1
Zgjidhja.
X—4 2
——=0Xx-4=0A X" +120< x=4.
X +1

Shembulli 21. X)((f‘3) -o.

Zgjidhja.
x(x—3)

5 =0 X(x=3)=0AX" =920

xX* —

< (x=00se Xx—3=0)A(X-3)(x+3) =0
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< (x=00se Xx—3=0A(Xx=3%0, x+3=0)
< (x=00se x=3YA(x#3, x=-3) <= x=0.

Shembulli 22. >X~1_1,
2+ X
Zgjidhja.
3x—1= <:>3x—1_1=o<:>3x—1—2—x 0
2+ X 2+ X 2+ X
2X=3 ) 2x-3= 02+ X0 x= .
2+ X 2
Shembulli 23. "1 _ 2
2+ X
Zgjidhja.
7x—1:2<:>7x—1_2:OC>7x—1—4—2x:0
2+ X 2+ X 2+ X
5x-5
=05X-5=0A2+Xx#0 < x=1.
2+ X
Shembulli 24. 2 =1 - 2%
X—3 x-3
Zgjidhja.
3x-1  2X 3x-1 2x _ 3X-1-2x

= = =
x-3 x-3 Xx-3 Xx-3 X-3
Xl ) x-120Ax-320
X—3
S X=1IAX#3< x=1.
Té zgjidhen barazimet:
X-1 x-3

Shembulli 25, —— +—=2.
X+3 x-1

Zgjidhja.
x=1 1 x=3 3 5
x+3 X— 1

(x=1? +(x=3)(x+3) _
(x+3)(x—1) B
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X2 —2X+1+X° —
(x+3)(x-1)

2X% —2x—8=2(x+3)(x-1)
2X> —2X—8=2(xX* +3x—x—-3)
2X* —2x—8=2x* + 4x—6

9 =2|-(x+3)(x-1), x= -3, x=1.

—-6Xx=-6+8
1
X=—=.
3
Shembulli 26. 21,31 5 ¢
2Xx-3 3x-2
Zgjidhja.
2x—1+3x—1_2=0
2X-3 3x-2

(2x=1)(3x—2) + (2x-3)(3x-1) - 2(2x-3J)(3x—2) _
(2x-3)(3x-2) B

6X* — 4X—3X+ 2+ 6X° — 2X— 99X+ 3— 2(6X* —4X—9X+6)
(2x—=3)(3x—2)

12x* —18x+5-12%% + 26x—12

0

0

=0]-(2x-3)(3x-2), x¢§, x;«r&g

(2x-3)(3x-2) 2 3
8x-7=0.
7
X=—.
8
Shembulli 27. =% ___ 57X _ 1
2X(X—2) 2x*—4x Xx+2
Zgjidhja.

1-x 5-x 1

2X(Xx-2) 24X X+2

1-x ~ 5-x 1 0

2X(X=2) 2X(X—2) X+2

A=X)(Xx+2) = (5-X)(X+2)—2X(x-2) _
2X(X—2)(x+2) B

0
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(x+2)A-x—(5-Xx)) - 2xX* +4x _ 0
2X(X— 2)(X+ 2) -

(X+2)A-x-5+x) - 2X° +4x _ 0
2X(X—2)(x+2) -

—4Xx—-8-2x" +4x _
2X(x—2)(x+2)
-2x° -8

2X(x=2)(x+2)

=0]-2X(Xx=2)(x+2), x#0, X# 2, X# -2

—2x* —8=0/[:(-2) prej nga merret X’ +4=0.
Por x> +4>0 d.m.th. barazimi nuk ka zgjidhje.

2. ZBATIMI I BARAZIMEVE LINEARE

Detyra 28. Njé numér éshté pér 24 mé 1 madh se numri 1 dyté. Nése
dihet se shuma e tyre éshté 100, té caktohen ata numra.
Zgjidhja.
Le té jeté x numri i paré. Meqé numri x éshté pér 24 mé 1 madh se
numri i dyté atéheré numri i dyté do té jeté x—24.
Meqgé shuma e kétyre dy numrave do té jeté 100 merret
X+ (Xx—24) =100 < 2x =124 prej nga X =62.
Pra, numri i paré éshté 62, kurse numri i dyté éshté 62—24=48.
Detyra 29. Udhétari i drejtohet bariut qé ruante delet me kéto fjalé:
“O bari me 100 dele....”
Bariu ia ktheu:

“Nuk jané 100, por sikur té ishin edhe kaq, edhe sa
gjysma e tyre, edhe sa ¢ereku i tyre, me mua sé bashku do
té bénin 100”.
Sa dele ka bariu?

Zgjidhja.

Le té shénojmé me x — numrin e deleve, dhe le té paragesim né gjuhén

e matematikés até gé tha bariu.
... po té ishin edhe kaq ...,d.m.th. X+ x
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. 1
... edhe sa gjysma e tyre ..., d.m.th. x+ X+EX
. 1 1
... edhe sa cereku i tyre, d.m.th. x+ X+EX+_X

. 1 1
... me mua sé bashku, pra X+ X+=X+=x+1

do té bénin 100.
D.m.th. merret barazimi

X+ x+lx+1x+1=100
2 4

2x+ 2+ %X =99
2" 4

8X+ 2X+ X
— -
11x
-
Pas zgjidhjes merret x=36.
Pra, bariu kishte 36 dele.

99

99

Detyra 30. Mbishkrimi né varrin e matematikanit té njohur té kohés
antike Diofantin ka kété pérmbajtje:

“Udhétaré, Diofanti, njé té gjashitén e jetés sé tij e kaloi né
femijéri pa brenga. Njé té dymbédhjetén e kaloi né rini.
Njé té shtatén e kaloi né martesé pa fémijé. Pasi kaluan
edhe pesé vite, u gézua pér lindjen e djalit i cili pér fat té
keq jetoi vetém sa gjysma e té atit. I pikélluar thellé pér té
birin vdiq katér vite pas tij”

Sa vite jetoi Diofanti?

Zgjidhja.

Le té shénojmé me x — numrin e viteve qé jetoi Diofanti. Merret
barazimi:

X:§+l+§+5+§+4.
6 12 7 2

Pas zgjidhjes merret x=84. Pra, Diofanti jetoi 84 vite.
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Detyra 31. fishté dhéné thyesa g

a) Cilin numér duhet tia shtojmé numéruesit dhe

eméruesit qé té merret thyesa %?

b) Cilin numér duhet t'ia shtojmé thyesés qé té merret
9
thyesa E?
Zgjidhja.
a) Le té jeté x — numri qé duhet shtuar numéruesit dhe eméruesit.
Merret barazimi:
3+x 9
5+x 10
10(3+ xX) =9(5+ X)
30+10x =45+ 9x
x=15.
b) Le té jeté x — numri qé duhet shtuar thyesés. Merret:
3 9

— 4 X=—
5 10
9 3
X=——=
10 5
3
X:_
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Detyra pér ushtrime

Té zgjidhen barazimet:

1. 2+3x=5.

2. 3x+4=-2x-6.

3. x+3=3x+1.

4. 2X+ (2x+3) = 4x -1+ 2x—-3+ (7 - 2x).

5. 0.2-(x—1) + 0.5(3x~9) = g— 2.

6. Xy 2X=1_q X
3 6 3
7. 7-2x- 1 ¥ _p 2
3
3 3x-1 13-x_7x 11(x+3)
"5 2 3 6
9. 7+9X—(1—2_X]=7x.
4 9
10, X202, X271, X=6_4
4 2 3
11, 300D 229 oy 43Xy
2 5 10
19, X_(3y+1_2x—7j=5_ x+6.
5 2 2
X 7X 7
1+— —+1 —+6X
13. 4,2 " byx g 7 1
2 6 24 12 3
1_6—x X 3+X
14— 3 4x-2 4 _3
2 2
15. Xx-3 3x-1

—_—+ =2.
X+3 3x+1
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16.

17.

18.

19.

20.

21.

22.

23.

24.

25.

26.

217.

28.

2X-9 3X
+

2x-5 3x-2

4x-1 5x  6x-4 14 x+1.
x-4 3x-12 5x-20 2x-8
x+1  11x+5 x-3 1

- = +=.
2x-1 12(2x-1) 4-8x 6

1 N °5-x 7 x-1
8x—16 8x—4x* 8x 2x(x-2)

6x+5 7-3x _12x"+30x-21
4x+3 3-4x 16x* -9
1,1 3x+D
4x—-6 8x+12 4x*-9

1 B 1 N 3(x+) 1
18x* —30x 12x2-20x 18x*-50 6x
2 1 1

X —4 X —4x+4 X +5x+6
Njé numér éshté pér 18 mé 1 madh se numri tjetér. Nése shuma e

tyre éshté 62, té caktohen numrat.

Shuma e tre numrave éshté 63. Numri i paré éshté dy heré mé 1
madh se numri 1 dyté, kurse numri i treté éshté gjashté heré mé i
madh se numri 1 paré. Té cakrohen té tre numrat.

Shuma e tre numrave té njépasnjéshém éshté 69. Té caktohen ata
numra.

Njé numér éshté pér 11 mé 1 madh se numri tjetér. Té caktohen té
dy numrat nése trefishi 1 numrit t&€ madh éshté pér 4 mé i madh
se katérfishi 1 numrit té vogél.

Té caktohen té gjitha dyshet e numrave té ploté (Xx,y) pér té cilét
shuma dhe prodhimi jané té barabarté.



Fuqizimi dhe rrénjézimi

1. FUQIA ME EKSPONENTE NUMER TE PLOTE

Le té njehsojmé prodhimin 3-3-3-3.
Vérejmé se numri 3 éshté pérdorur katér heré si faktor.
Duke kryer shumézimin pérfundojmé se 3-3-3-3=81.
Njé ményré mé e pérshtatshme pér té shénuar prodhimin 3-3-3-3
éshte 3.
Pra
3'=3.3-3.3.
Shénimi 3* lexohet: 3 né fuqiné e 4-té
Numri 3 quhet baza e fuqisé 3.

Numri 4 quhet eksponenti i fuqisé 3.

Né shprehjen 3' numri 4 tregon se sa heré baza 3 éshté pérdorur si
faktor.

Késhtu
3-3-3-3 - paraqet formén e zgjeruar
3 - paraqet formén e fuqisé
81 - paraget formén standarde.

Duke u bazuar né shembullin e mésipérm, arrijmé tek rasti i
pérgjithshém:

Le té jeté ne N.Pér ¢do numér real akemi:

a"=a-a-...-a.
%/_/
n—faktor

Né kété rast numri a paraget bazén kurse numri n-fuginé.
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Shembulli 1. Shprehjet vijuese té paraqgiten né formé té fuqisé:

a) 2:2.2-2-2; b) 111
222
) §; d) 3:3-..-3;
4 n—faktor
11 1 1) (1 1
9333 ) ( 4) @ ( 4)
%,—J
m- faktor t— faktor
Zgjidhja.
a) Vérejmé se baza (numri) 2 éshté pérdorur si faktor pesé heré. Pra
kemi
2.2.2.2.2=2".

b) Numri % éshté pérdorur tri heré si faktor, pra kemi

¢) Numri g éshté pérdorur njé heré si faktor, prandaj

-

d) Numri 3 éshté pérdorur n heré si faktor, prandaj
3-3-...-3=3".
\ﬂ__/

n—faktor

e) Numri 3 éshté pérdorur m heré si faktor, prandaj

3-3-...-3=(1j .
—_—— 3

m-—faktor

f  Numri —% éshté pérdorur ¢ heré si faktor, prandaj

-

t—faktor
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Shembulli 2. Shprehjet vijuese té paraqiten né formén e zgjeruar.

‘. ;. 1y,
Q) %, b) (-2)" c>( 3j,
d) 4% e) 5", N (-6).

Zgjidhja.
a) Meqé baza éshté 3 kurse fugia 6, atéheré numri 3 do té jeté 6
heré faktor, prandaj
3=3.3.3-3-3-3.
b) Numri -2 do té jeté 5 heré faktor, prandaj
(-2°=(-2(-2)(-2)-(-2)- (-2

¢) Numri (—gj do té jeté njé heré faktor, prandayj

(4

d) Numri 4 do té jeté n heré faktor, prandaj
4"=4-4...4.
H_J

n- faktor
e) Numri 5 do té jeté m-heré faktor, pra
5"=5.5-...-5.
H—J

m-—faktor
/) Numri -6 do té jeté s-heré faktor, prandaj
(=6)° =(-6)-(-6)-....(-6)..

s—faktor
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Detyra plotésuese

Shprehjet vijuese té paraqiten né formé té fuqisé:

1 1111 2. 11-1}-15 3. 0.7-0.7-0.7-0.7-0.7.

"4 4 44 3 33

veaaconcons (3333

6. 1.1 .1 7.(-1)[-2).[-L).
2 2 2 3 3 3
| ——

n—faktor m-—faktor

Shprehjet vijuese té paraqiten né formén e zgjeruar.

. 1\ , 1Y
8. (-2)°. 9. (5) . 10. (-0.5)°. 11. [—1§j .
12. [—Zj . 13. (§j 14. 6™ 15. (-3)™".
3 2

Né shembujt e méparshém pamé se:

Po ashtu

Pérfundojmé se:

Pér ¢do numér real a vlen:

Shembulli 3. Njehsoni:
a) 1'; b) (-1° c) (-1’
Zgjidhja.
Kemi:
a)l'=1111111=1.

7— faktor
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b)) (-1°=(D-(-D- (-1 (-1 (- (-Y=1

0 D'=CDCD- D) (DD (-D=(-D° (-D=1-(-D=-1.

6-faktor

Pérfundojmé se
1" =1, pér ¢farédo numri natyror n.
(-1)" =1, nése n éshté numér natyror cift.
(-)" =-1, nése n éshté numér natyror tek.
Shembulli 4. Le té njehsojmé:
a) (-39, b) (-3)°.
Zgjidhja.
a) Numrin (-3)* e paragesim né formén e zgjeruar.
Merret:
(-3 =(-3-(-3):(-3):(-3)
=(-1)-3:(-1)-3-(-1)-3-(-1)-3
(-0 (-1 (-1 (-1)-3-3-3-3=(-1)* &
Pak mé sipér pamé se (-1)* =1. Prandaj
(-3 =3
b) Ngjashém veprojmé me numrin (-3)°.
Merret:
(-3°=(-3)(-9)(-3)=(-1)-3-(-D-3:(-1)-3
=(-D-(-D-(-D-3:3-3=(-2-%
Meqé (-1)° = -1 pérfundojmé se:
(-3°=-1.3=-3
Japim kété pérgjithésim:
Nése n éshté numér natyror ¢ift, (-a)" =a".

n

Nése n éshté numér natyror tek, (-a)" =-a".
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Shembulli 5. Njehsoni:
a) 1°; b) 17 ) (-1"; d) (-D*;
e —(-1%;  H-CD*% 9T -(-D"+(-D";
h) I'- (-9~ (1" +(-1)".

Zgjidhja.

a) Meqé 1 né c¢farédo fuqie éshté 1 atéheré 1° =1.

b) ¥ =1.

c) Meqé 15 éshté numeér tek, dhe meqé —1 i ngritur né fuqiné numér
tek éshté —1 kemi (-1)® =—1.

d) (-D*=1
e) (-)*=—(-1) =1
(D% =-1

Q) P -(-)"+(-)°=1-(-1)+1=1+1+1=3.
B 1= (-1~ (-0 +(-D)" =1- (- - (- + (-D =1+1+1-1=2
Shembulli 6. Njehsoni:

a) (-2, b) (-2)% o) —(-2)";

o3 ol oy

8 (-2 -(-2*+(-3)" +(-3)%
(3] -2 -3
2 2 2
(323
o= —[=2)«( L] -[-2].
4 4 2 2
Zgjidhja.
a) Meqé 3 éshté numér tek kemi (-2)° =-2° =-8.

b) Meqé 4 éshté numeér ¢ift kemi (-2)*=2'=2.2.2.2=16.
0) ~(-2)° =—(-2F) =2 =32,



42 FUQIZIMI DHE RRENJEZIMI

ﬂ(_zj“_(zj“_zgg.z_ 1 1
3) \3) 3333 3333 81
g (2°-(-2* +(-3)*+(-3°=-2°-2"+3"+(-3") =-8-16+81-27=30.

B [11) _(ﬁj (1)@ (E) 1333331
2 2 2 2 2 2 222 22 2

27 9 1 27-92-14 27-18-4 5

8 4 2 8 8 8
(1)2(1j(13 1]3 (121111 (13
D= —|-=|+|=| | -=| =| =] +=+===—| | =
4 4 2 2 4 4 2 2 2 2
11111 1 12 1 11 1 2
e e i e e —E e S
44 4 8 8 16 4 8 16 4 4 16 4
1.1 1+18_ 9
6 2 16 16
Detyra plotésuese
Njehsoni:
16. 1°. 17. 1° 18. (-1).
19. (-1°. 20. —(-1)°. 21. —(-1)".
22, 1* - (-1)° + (-1, 23. 1° - (=1)° — (1) + (-1°.
Njehsoni
24. (-3)° 25. (-2)°. 26. —(-3)°.
3 3
27. (-0.5). 28. (—EJ . 29. —(—lj .
4 2

. ; - 1Y ( 3) (1Y
30. (-2)2 - (-2 +(-3°*-3. 31. (—1§j —(—Ej {Z) .
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Shembulli 7. Njehsoni 2°-2°.

Zgjidhja.
22.2=(2:2.2)-(2-2:2-2)=2-2.2.2.2.2-2.
\_ﬁ/_J
3 faktor 4— faktor 7— faktor

D.m.th. 2°.2* =2 =2,
Né pérgjithési vlen:
Pér ¢cdo numér realé a vlen:
a"-a"=a"",mneN.
Shembulli 8. T¢é njehsohet prodhimi i fuqive:
a) 3-3; b) 4% . 4% c) 5°-5%
d x*-x% e) a-a’; P (a+b)-(a+b)*;

XY (). x+yY (x+yY
g)(zj@’ h)(sj[sj'
Zgjidhja.

Zbatojmé vetiné e mésipérme:
a)3-F=3"=3

b) 4242 =428 = 4°

¢) 52.5% =524 _ 5,

d) X -x° =x" =x"

e) Meqé a' =a, prandaj a-a’=a'-a’ =a"° =a®.

f (a+b)-(a+b)* =(a+b)'-(a+b)* = (a+b)** = (a+b)°.
GG -G -6)
&12)12) 7\2) “\2)°
w (55 (55 (%) (%)
3 3 ) ( 3 L3 )7
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Detyra plotésuese

Njehsoni:
32, 3 .3 33. 2.2°. 34. 2°. 2
35. A AV, 36. (a-1)°*-(a-1°. 37. (a—h)*-(a-h).

38. (gj g) . 39. (X;zyj (X;Zyj . 40. (x=1°-(x-1)".

Mbani né mend

Prodhimi x*-x°> éshté baraz me x’. Por x’ mund té paraqitet edhe né
forma té tjera, p.sh.

X' =x X =3 xt X = x-xC.
Né disa raste, ményra e shénimit lehtéson njehsimet me fuqi.
P.sh. nése duam té njehsojmé 2° kété mund ta béjmé si vijon:
20 =2%%3-2%.23.2°-8.8.8=64-8=512.

Provoni té njehsoni 2° duke njehsuar prodhimin 2*-2’.
Shembulli 9. Njehsoni:

a) 2% b) 2'°; c) 3

d) 3; e) 2*-3F; H 4.3
Zgjidhja.
a) B =20%%2-02.92.02.2° = 4-4-4.4=16-16=256.

16 16
b) 2'° =2°.2% = 256-4=1024.
c) =3"7"1=3.3.3=9.9.3=81.3=243.
d) 3' =33 =243.9=2187.
e) 20.32=2°.2°.3"=4.4.9=16-9=144.
) 4-3F =43 =4.4.9=16-36=576.
Shembulli 10. Shprehjet e dhéna té shprehen si fuqi me bazé 2.
a) 64-2% b) 16-128; c) 100+ 28.

Zgjidhja.
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a) 64-2° =16-4.23 = 24.02.93 _ 0423 _ 99
b) 16-128=16-2-64=2".2.2° = 2% = o1,

¢) Nése kété rast mundohem ta zgjidhim sikur rastet paraprake do té
vérejmé se njé gjé e tillé éshté e pamundur sepse numrat 100,28
nuk mund té shprehen si fuqi té numrit 2.

Prandaj, sé pari mbledhim numrat e dhéné dhe rezultatin qé
merret e paragesim né formé té fuqive té numrit 2.

100+28=128=2-64=2-4-16=2.2°.2" =2

Shembulli 11. Shprehjet e dhéna té shprehen si fuqi me bazé 3.
a) 27-3; b) 81-3; c) 60+21.

Zgjidhja.
Veprojmé si né shembullin paraprak.
a) 27-3=3.3=3
b) 81.3=9.9.3 =3.3.3 =32 =3,
c) 60+21=81=9-9=3".3 =3"*=3"
Shembulli 12. Shprehjet e dhéna té shprehen si prodhim i fugive me

bazé 2 dhe 3.
a) 36-72; b) 108-36; c) 64-6-12.
Zgjidhja.
a) Sé pari, pasi ta shprehim numrin 36 né faktor té thjesht merret:
36=2"-3
Ngjashém veprojmé me numrin 72. Merret:
72=2°.3,
Prandayj,

36-72=2°.3.2°.3=2.2°.3.3 =2°.3",
b) Meqé 108=36~3=gi-32-3=22-33; 36=2°-3F, atéheré

36
108-36=2%2.3%.22.32 = 2.3,
¢) Meqé 64=2°% 6=2.3 12=2°.3 merret:
64.6-12=2°.2.3.22.3=2°.2.22.3.3=2°. 3,
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Detyra plotésuese

Njehsoni:
41. 2'. 42, 2°. 43. 4. 44, 3.
45. 3. 46. 2°-3. 47. 3*. 2% 48. 2°.2°. 3.

Shprehjet e dhéna té shprehen si fuqi me bazén 2.

49. 16-2°. 50. 8-2°. 51. 128-128.
52. 64-32. 53. 64+32. 54. 30+ 34.

Shprehjet e dhéna té shprehen si fuqi me bazén 3.

55. 81-3. 56. 9-3". 57. 243.-3.
58. 27-81. 59. 27+81. 60. 50+ 31.

Shprehjet e dhéna té shprehen si prodhim té fuqive me bazé 2 dhe 3.

61. 24-9. 62. 48-27. 63. 48-54.
64. 24-27-36. 65. 144-12. 66. 18- 36.

Shembulli 13. Té njehsohet herési 4°:4°

Zgjidhja.
5
Kemi 4°: 4° =4—3=M=42.
4 AAA
D.m.th.

&4 :j—z=453 =4,

Né pérgjithési vlen:

Le té jeté a numér real i ndryshém nga 0 dhe mne N. Vlen:

m

a
—=a
a

m=n

NEé qofté se né rregullén e mésipérme merret m=n atéheré do té
kemi:

Meqé
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dhe

atéheré pérfundojmé se:

Pér ¢do numér real até ndryshém nga 0 ven:

a’=1.

Shembulli 14. Té njehsohet herési i fuqive:

b) 3¥:3

d) a':a e)(a-b)*:(a-b)’ p (

Zgjidhja.
7
Q) % )

b) P:3=F:3=3F1_3

c) a:a’l=a>?=a’.
da':a=a":a'=a""=a"
e)(a-b)*:(a-b)’=(a-b)"*=(a-b)'=a-bh.

CRIGRER

aZ

5

c) a’:a%

Detyra plotésuese
Njehsoni:
6
67. % 68. % 69. a”:a’.
9 _ 4 5 1
70. 3 71. (b_x)4. 72. (""Lbj :(‘“bj .
(ax) (b—x) 2 2
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w5

Shembulli 15. Njehsoni:
a) 4" :4% b)6°: 6% c) 16°: 4°.
Zgjidhja.
Q) 4B =4 =4 =44 =16.16 = 256.
b) 6°:6° =64 =6'=6.
16° 16-16 4.4 &

=—=4"=4=4

Q) 16%: =" =2
) £ £ a4

Detyra plotésuese

Njehsoni:

47
F .
16 64° 81

= 79. 2 80. 2.
g 4° 3

75. 76. 6°:6°. 67. 7°: 7%

78.

Shembulli 16. Njehsoni
a) (4%)°. b) (4%)*.
Cfaré mund té konkludojme?
Zgjidhja.

3\2 _ 43 3 _ 2,,%7;,]5_ 32 _ 56
Q) (8) =48 = feriers = 32 = 4,

3+3+3+3
b) () =48 & & = frmo= = 424 = 42,

4—faktor

Pér ¢do numeér real a vlen:

n-mbledhes
(am)n — am . am S am — am+m+m+...+m — am»n, m, n = N.
%,—J
n—faktor

Shembulli 17. Fuqizoni fuqité:
a) (3)% b) (@)*; c) ()% d) ()
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e) (A)*;

Zgjidhja.
a) (32)5 — 32-5 — 310.
b) (a2)4 — a2~4 — aS.

o) (@°)\°=a’=a"=1

d) (XS)l — X51 —
e) (A1)16 — Al~16 — A16.

N (x=y)*)* = (x=y)** = (x-y)".

o (2] (-2

) (x-y°%  9) {[g]}

Shembulli 18. Té shkruhen si fuqi me bazén a shprehjet:

a) (@ -a")%
@)°.
)( )3’
Zgjidhja.
a) (@-a')y’=@"") =

b) a-(@®)° =a-a**=a-a®

)(a) _a-z_a 6-6
( ) az-s_ae

a-(a®-a*-a*)* _a(a

(@)% =a"

2+3+4 ) 4

b) a-(a)*;
a.(aZ _a3 _a4)4

d) ©

a

=a”.

=a™.

_ a(a’)* _ a-a® :a_?’?_ 3712 _ .25

d) a2 a2 a2 a2 a2 a’ T =av.
Detyra plotésuese

Fuqizoni fuqité:

81. (3%)% 82. (2°)°. 83. (2°)". 84. (5°)*.
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3 4
85. ((a+b)?)>. 86. ((gj J . 87. (x-DY)2.  88. (a-1°)-
Té shkruhen si fugi me me bazén a shprehjet:
89. (a*-a%)". 90. (a®-a’)’. 91. (a°-a")°.
(a5)3 a- (aO . al)4 . a.5 a.0 . a9
92. W. 93. T. 94- ag 'ao .

Shembulli 19. Té njehsohet (2-3)°. Cfaré mund té konkludojmé?
Zgjidhja.
(2-3°=(2-3)(2-3)(2:3) =(2:2-2)(3-3-3) = 2°. 3.
Né pérgjithési vlen
(a-b)"=(a-b)-(a-b)-...-(a-b)=(a-a-...-a)-(b-b-...-b) =a" -b".

n—faktor té ab n-faktor té a—s&  n—faktor té b—s&

Pérfundojmé se:

Pér ¢do dy numra realé a,b vlen:
(a-b)"=a"-b",ne N.

Shembulli 20. Shprehjet vijuese té paragiten né formé té prodhimit
té fuqive:

a) (2°-3'); b) (2ab’c®)"; o) (-2x°y°Z')%.
Zgjidhja.
a) (2°-3)° =(2°)°-(3")° =2°°.3"=2".3",
b) (2ab*c®)* =2*-a*-(b*)* - (c®)*=2"-a"-b**.c** =2"-a*-b*.c”.
O ((2CY7) = (-2 () (y) - (2) = (-2 X%y 2
— (=2 yS . AR
Detyra plotésuese

Shprehjet vijuese té paraqiten né formé té prodhimit té fuqgive:

95. (2" -3 96. (2xy’Z%)°. 97. (-3x*-5y°)*.
98. (x+Y)2(x=y)®)*.  99. (3-4.52.75.9°)5. 100. (2-3°-5°-7*)°.
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4
Shembulli 21. Fuqia (gj té paraqitet si herés 1 fuqive. Cfaré mund
té konkludojmeé?
Zgjidhja.
.(3)“ 3333 3333 3
Kemi 3133373 =

2222 2222 2
Né pérgjithési kemi:

n-faktor té a-sé
——

al'_aa a_aa.a_a

b) bbb bb..b b’
%/—/ %K_J

n—faktor té b—sé

n—faktor té a
b

Pérfundojmé se:

Pér ¢do dy numra realé a,b ashtu qé b=0, vlen:

@ _2 N
b b"

Shembulli 22. Té kryhen fuqizimet:

ol ol ol
Zgjidhja.
zZy_@r 2 2
! M @y

) (4)(2 T _ (4x2)° _ 45.(x2)° _ 45 . 25 _ 45 . 3
) TGy T T FyE

((x—zy)ZJ“ C((x=2y))*_ (x=2y)** _ (x-2y)°

(x+2y)* ) ((x+2y)*)*  (x+2y)**  (x+2y)?
Shembulli 23. Njehsoni

o[ w23
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Detyra plotésuese

Té kryhen veprimet me fuqi:

101. (24 :(3)° 102. [ 2 4 103, [ 2Y° 3

. L3S A& 1R

2\° 7\° 4 05 \2

104. £§X+:;3j . 105. (X—Sj . 106. [7368 J .
X— y

(@6 w (@]
(@] )]

Shembulli 24. Té njehsohet herési 4°:4°. Cfarée mund té
konkludojme?

Zgjidhja.

Né bazé té vetisé sé mésuar mé paré kemi:
43
3. 45 3-5 -2
4 . 4 = F = 4 = 4 .

Por, ky rezultat paraqget risi né detyrat tona. Deri mé tani patém
raste vetém kur eksponenti éshté pozitiv.
Pra, sa éshté 42?

Le té shqyrtojmé edhe njé heré shprehjen 4°: 4°.
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& 444 AL 44 &
Pra
44 =47
dhe
) 1
4L = z
. . 72 1
Prandaj kemi 4° =—.
4
Pérfundojmé se:
Pér ¢do numér real a té ndryshém nga zero vlen:
a"= in, ne N.
a
Shembulli 25. A éshté i sakté pohimi —2° =(-2)2?
Zgjidhja.
1 1 1 1 . ..
Meqgé —2°=——=-= dhe (-2)°= == pérfundojmé se pohimi
q =73 (-2) 2 8" ) p

éshté 1 sakté.

Shénim: Provoni té kuptoni pse né pérgjithési nuk vlen pohimi
—a"=(-a)™"?

Shembulli 26. Té njehsohet:

1-3ny-3 x"°
a) (277 b) V=R
Zgjidhja.
a) (21—3n)—3 — 2(1—3n)~(—3) — 2—3+9n — 29n—3.
Xnig n-9-(2n- n-9-2n+ -n—
b) X2n_3=X9(2 3 _ 0213 _ 6
Detyra plotésuese

Té kryhen veprimet me fuqi:
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5 2 3
111 2 112. X 113, (80
4 X (a+b)
s 2 -3 ~1,-1\71
114. [%} . 115. % 116. (4;_2)’ J .
X’y : Xy
o 2n—3 4ﬂ72 2n—4.3n—3‘5n—2 -2
7. (377 118 o 119, o 110. (W) .

Té thjeshtohen shprehjet:
10*°.3°.6°-(5)*

Shembulli 27. R
Zgjidhja.
103 . 36 . 65 (5—4)4 _ (2 . 5)3 . 36 . (2 . 3)5 . 574.4

(129 *.52.31.(L7)°  (-12)“9.52.3%

_ 23 ‘53 ‘36 ‘25 35 '5—16 B 23 .25 '36 ‘35 ‘53 ‘5—16 3 23+5 '36+5 ‘53—16
(_12)16 . 5—12 . 3—1 (_1)16 1216 . 5—12 . 3—1 (3 4)16 . 5—12 . 3—1

28 . 311 . 5—13 28 . 311 . 5—13 28 . 311 . 5—13 28 311 5—13

= Q6 46 512 g1 = (22)16 36 .31 512 - 2% Qb1 g2 _? 3 ?
_ Q8@ Qs pIs(12) _ o2 g4 gl _ 1 ' i ' E 1
28 '(—7)4 -(3_2)_3

Shembulli 28. A O

Zgjidhja.
2. (-7 (8Y)°  22.(-1*-7".32 2P
(4—2)3 . 492 .(9—2)-1 - 4723 '(72)2 .92 - 4°.74.09?

2y 23 23 DH12) g _ 5 2

(22)—6 . (32)2 2—12 . 34 2—12 34

8L-x*-y2- ()" .
27 X—7 . (yS)—Z . (2—1)2

Shembulli 29.

Zgjidhja.
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81-x*. y’3 '(272)71 ~ 3 .x*. y’3 . 772D ~ 3.x*. y73 .72
27. X77 _(ys)fz '(271)2 - 33 . X77 . ya(fz) . Z—1~2 - X77 . yfe . 272

—3. x4, yfek(fe) L7233, y3 .7t

a2 a® -3
Shembulli 30. ( J( ] .

F F
Zgjidhja.
a2
a? - a’ -3 a? . (a-s)-s a? . atd g7 . - F
b ) (b7) (") ®)T b b b BT at
b21
a—2 . b21 s - B
29 _a P — g
as.p*

3

2 1374 —3\2
Shembulli 31. Té thjeshtohet shprehja A=Y (X ¥ ) -x-(y)
(x*-y7) - (x-y7)

. . 1
dhe té njehsohet vlera e saj nése x=4, y=—.

Zgjidhja.
A XY Oy X () Xy () () X (y)
(x*-y°) - (x-y?) (X7 (y?) - x*-(y?)
X3 . y—2 . X#l . y—12 SX- y—6 X3—4—»L1 . y—2—12—6 XO . y—20
= X4 . y—S . X2 . y—6 = X4+2 . y—6—6 = X6 . y—12
—x. y—ZO—(—12) — x5. yfs.

Meqé x=4, y= % merret

1° 1 1 22 2 1 1
A: 476 o — = —-" 271 78:—'28:—:—:274:—:—_
47 (2) 4° ) 4 (22)° 22 2 16

Shembulli 32. Té thjeshtohet shprehja

X+ X2 1+ x* 1+ x*
2 1 + -2 -1 ) -1°"
X°=X"+1 X“+2x +1) 1-X

Zgjidhja.
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1 1 1
X+ X2 1+x* 1+x* X+ 2 I+ X L+ X
AR S —~ . — = 1 +1 1 . 1
X°=X"+1 X"+2x +1) 1-X Sl 4204110
X’ X X X X
X +1 X+1 X+1
X2 X X X +1 X(x+1) ) x+1
= T 2 ' ~v_1 2 + 2 ’
1-x+x* 1+2x+x* | X=1 | x¥*—x+1 X +2x+1) x-1
X X2 X
B (x+1)(x2—x+1)+x(x+1) x+1
X*—Xx+1 (x+12)?* ) x-1
((xs1)+ X j‘x+1_(x+1)2+x‘x+1_x2+2x+1+x_x2+3x+1
x+1) x-1 x+1  x-1 x—1 x-1
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2. RRENJEZIMI - FUQIA ME EKSPONENT NUMER
RACIONAL

Le té jeté a numér real dhe n numér natyror.
Zgjidhja e barazimit
x"=a (1)
sipas x (nése ekziston) quhet rrénjé e n — té e numrit a.
Shénohet
x=(%a) =a ()
(kétu supozohet se Ya ekziston).

Nése a éshté numeér i cfarédoshém real, atéheré
Ja© al 3)

Nése a>0 dhe m,n numra natyroré, atéheré

m

n m

RS 4)
Le té jeté a,b numra realé pozitivdhe m,n numra natyroré,
atéheré
Y/ab=¥/a-¥b (5)
a_ Ya
J2-te ©®)
b b

Shembulli 1. Njehsoni:

a) V36 + 449 + 38 - 332 + 31 - ¥-1;
D (2L

9) (\/%H/TSJH\/@-%/E?/—T:Z).

Zgjidhja.
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Q) \/%+4\/@+§/§—§/§+ﬁﬁ—mﬁz6+4-7+3/§—5/§+1—(—1)

—6+28+2-2+2=36.
b) ——s— +3/64 - 25+ /(-3 = f *[1 +3/# —5+-3

=ﬂ—1+4—5+3=3.
3 3

0) ( % + ﬂ} +(9-¥-27-%-32) = @% +3(-2)° j +(3-3(=3° - §(-2)°

[2+( 2)j+(3( 3(- 2))—£1

Njehsoni:

Shembulli 3. a) \/8-/32; b) 3J6-2./8; 0) VX" X2
Zgjidhja.
@) V8:4/32=1/4-2.416-2=/4-4/2.\16 -\2=2-1/2-4-2
=8(+/2)? =8-2=16.
b) 3J6-28=32.3-2J4.2=3J2/3- 2412 =6(+/2)* 13- 2
=12.2-/3=24/3.
0) VXM XM =X X = X = e = (M) = xm .

Shembulli 4. (3; +22j-{3g —6% +2§j.
Zgjidhja.
(3;+2;J-(3§—6;+2§j=(3/§+3/§)(3/3_2—3/6+3/?)
= (P3+¥2){3F - ¥3-32+¥2°) =3By + (¥2)*=5.



CALCULUS 59

Té racionalizohet eméruesi i thyesave:

1 10 1 2
Shembulli 5. a) —; b) —; —_— d) —.
embulli 5. a) Ne )\/E c) e )5/7
Zgjidhja.
@ Lol ¥38_3 3
V3 33 (3 3
10 5 1045 1045
by —- == == _ 25
AN NN
PO SN N N CINE
B BEE S
d)izi.i/?zzf’?“:f?“
g/? g/? 574 s[75 7
1 3-42. 1
Shembulli 6. ; b .
embulli 6. a) J7-2 ) 3142 9 243+1

Zgjidhja.
1 1 7+2 742 J7+2 742
f 2 J7-27+2 (JT1-29W7+2) (-2 3
b)3—ﬁ_3—ﬁ.3—ﬁ_ (3-v2)’  9-&/2+2 11-6V2
3+42 3+42 3-v2 (B+V2)3-42) F-(2)* 7
1 12[12[12[12[1
2J§+1 2J3+1 2J3-1 (2/3)°-1 12-1 11

Shembulli 7.( 12 ! 4 j 1

+ + . .
J5+1 J5-2 3-5) 11/5+14
Zgjidhja.

[12 L7 4 j 1
J5+1 J5-2 3-465) 11/5+14

_(12 V5-1 7 52, 43+\/_J 1
J§+1I1 J5- 2J§+2 3-5 3+5) 11./5+14
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_(12\6—12+7\/§+14+12+4£] 1

5-1 5_4 9-5 | 11J5+14

(12(I Y 7\/_+l4+(3+\/_)J

11f 14
= (38/5-3+7/5+14+3+./5)-
1£+14
1

= (115 +14) - =1

( ) 1145 +14
Shembulli 8. @) ——Y - XY _. b zxg_i'

X2—y? X2+ 43+ (207 41 1TV

Zgjidhja.
2 X+Y X=y  X+y X-y

Gyt xiayt VY Vxey

_ XX HY) - (= X =Y)
Wx=VWx+y)

XXy + XYY - X =3y - yx e+ vy)
X=X +y)

XXy + yIx+ yy - xx - xy + yVx - vy
Wx=NEx+4y)

2xf+2yf B 2\/7\/7(\/_+\/>) 2\/>
T WY X EEY) XY

b) 2x+1 2x-1 2X+1 1-2x

1 2

3
43x3+(2x)3+1 1_\/5 (22)3x3+(2x)3+1 \/7

2x+1 1-2x
+

(2x)§ + (2X)é +1 (2X)% -1
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(2x+1)- ((ZX); —1J +(1-2x)- ((2x)§ + (2x)% +1j

[<2X)§ —1) : [(2x)5 +(20° +1J

= (ZX)(ZX)% —2x+ (ZX)% —1+ (2X)g + (2X)% +1- (2x)(2x)g - (2x)(2x)% — 2

((ZX);j -1

2 1
_(2%)°(1-2x) + 2(2%)° - 4x
2x-1 ’
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Detyra pér ushtrime

Njehsoni:
1. o) 2; b) F; 0 1; dﬂﬂ; e%%%
I O_ 2.3 0. o [ X+1 0_ [ x++/2 ’
ﬂﬂ, 9[J B ﬁ7j,»[n)
2. a) (X°+2y)% b) (x+22° +3y°)°; c) X’ +y°+(2°)°.
3. @) 2(a+b")’; b) (2@ +b)°)°; @(§+%J'
0 0 . 0 3 0. 2.
4. a) X' -y’ +1; b)x-z, c) X X%
d) xX°-x; e) X*:x% D x2-x°+%.
5. a) (x-3y)% b) X°-3y°; ¢ xX*-(3y)% d) X’ -3.y.
6. ) 2% b) 2% Q3% d) 4 e (-2
1, 3. 2. &
7. a) Pe b) = c) 37 (_4) )

8. a) (%J_l; b) (1%) ; c) (1%) ; d) (047 e) (05

-2
9. 3-27% b) 3% 247 d) 8-4% e %(%j .
0. x5 hxh 9N ) XX
y® (x+Y)

1. @) 27+3%41°+47; @ [j [ j;
TEEERE e ENE
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12. @) (2299 (4% b) (257 25+[2+(§j3]0 ;
dasliael
EREIRERHN

Né shprehjet vijuese té kryhen veprimet ashtu qé té liroheni nga
fuqité negative.

13. a) ax'y? b) (a°)°x?*c?; c) (ab’c®)*x™.
2 1 3
14. _— b) ———; _
) x2.3%.a* ) x°y*z 2 4 (x+y)?
x3y?z x'y3(z+2)7 a’b
15. a 72y73 : b X YA ) S
b 3 x(y+2) (b+1)7(a-1)
) 1 (x-2)* x*a’*b”®
16. —y)E. b : .
@ (x=y) 2+.x3 ) (x+y-2)7 2 3ty?
Shprehjet e dhéna té shkruhen né formé té prodhimit té fugive:
2
a X 1 1
17. —; by | —1|; = d) =
a) b ) (yj c) » ) o
3
Xy xy ab | . ax
18. - X — d) —.
V5 ? e ) (xyzj ' oy
X . (x=y". X . X
19. ;b ; — .
Pocyr Dy O yiey D ey
20. a) ‘?’Xz)f3 . b) (X_1)73 C) 2X73y . ) 2(X+ y)2
A7%(y+1)" 7 4 (x=2)°' 3t da(x-y)>
oo w0 o
y X—Yy yz b"c

Njehsoni:
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1 2\*' 12
22. 2243~ ==
@) 2743 45 )(5) 27
1 (3)° 1)*
—: =1 2°—11=| (@Y~
= (5) d) (4j 2%

Té kryhen veprimet me fuqi:

3 u2)2 3.2 2 \?
23, [ XX } XX 24. (o.zxsyZ)Z(X ] .
4 3
X X 2y
72 -3 9y? -2 Xy -2 X2y 2
25. (-2 | | o | - 26. | o | | o]
y X y By
o7 [BXY . %y ).15¢y” 0s (X ) ()
l1oyx 3y ) 3wyt Ty xt )
S 7\-2 2 ) \2 N
29, ):j L?isJ . 30. (lx-lysj [X—zj (2"3) .
y X 6 y y

1 -3
31. (Ex1y3j (XY ).

5 OOV (CY) ((49)*:0¢Y")) :( 1}
(Y yE ()Y y

Njehsoni

33. a) ¥8.27; b) 3/2-3a; o) i6°-3;
d) \20-/5; e) 472.18; p 27 -\12.

34. Y7°.22 Y77 2. 35. \/8/43/64.
36. \/5(v2-1)* +3(1-/2)°. 37. V12 + /45 + V18.
38. 5\/}%&_—%@. 39. (35— 2)(3/5-1).

40. (2\@—4@+ 2—%@)-3@.
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41. (26 -3V5+1):3- (6 +2v5-3):5— (36 + 4/5-1) : 15.

1. (%Jé—aﬁwﬁ)(ﬁwﬂ._mm).
43. (124/50 —8./200 + 7/450) : +/10.
11 21 2[4)(2[1
4. (5@‘5@ 7\@(?@
45. (V4+ 243 —\a-23)(J4- 23 + 4+ 243).

Njehsoni

46. 2\/E+3\/§+3x/§—\/%.
47. (248+3V5-7J2)(\[72 +4/20 - 4/2).
48. (4+/6)(3V2-5V3).

Té racionalizohet eméruesi:

1 J3
49. a) _\/:3,’ b) —\3/5,
J2 1
50. —. 51. .
B RPN
1 1
NN} N IS
56. 1

2J2-3J3

w

52.

55.




Barazimet kuadratike

Barazimi i formeés
ax’ +bx+c=0

ku a,b,c jané numra realé, dhe a=0 quhet barazim kuadratik
Barazimi kuadratik mé sé shumti mund té keté dy zgjidhje.

Né kété njési do té shqyrtojmé disa forma dhe tipe té ndryshme té
barazimeve kuadratike.

Rasti I. Nése b=0, barazimi kuadratik kalon né formén
ax*+c=0, a=0.

Le té ilustrojmé pérmes shembujve zgjidhjen e barazimeve
kuadratike té késaj forme.

Shembulli 1. Té zgjidhen barazimet kuadratike:

a) 2x* -18=0; b) 9x* -16=0;
c) 3X*-7=0; d) x*+1=0.
Zgjidhja.
a) Kemi b) Duke vepruar ngjashém merret:
2x*-18=0 9x*-16=0
2x* =18 9x* =16
x> =9 2 = E
X = ++/9
X =3, x> =+ 16
9

Pra x=3 o0se x=-3.
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C) 3x*-7=0 d) x2+1=0
3X2 = 7 X2 — _1
XZZZ qé nuk ka zgjidhje reale sepse
3 katrori i1 ¢farédo numri real ¢do
7 heré éshté pozitiv (ose zero) e
X=% 3 asnjéheré negativ.
Detyra plotésuese

Té zgjidhen barazimet kuadratike:

1. 4x*-36=0. 2. 4x* -81=0. 3. 36x° -100=0.
4. 2x*-10=0. 5. X’ +2=0. 6. 16x* -9=0.
7. 16x° - 25=0. 8. 25x* -36=0. 9. 25x* +81=0.

Rasti II. Nése c=0, barazimi merr trajtén

ax’ +bx=0, a=0.
Edhe kété rast do ta ilustrojmé me ané té shembujve.

Shembulli 2. Té zgjidhen barazimet kuadratike

a) 3x2 +5x=0; b) x* =x=0,  ¢) /3% +/2x=0.
Zgjidhja.

a) Kemi: b) Ngjashém merret:
3x* +5x=0 x*—x=0
X(3x+5)=0 x(x-1)=0
Xx=0 ose 3x+5=0 x=0 ose x-1=0

3x+5=0, x=—% x=0 ose x=1

Pra x=0 ose x=—§

¢) V3% +/2x=0
x(\/§x+\/§)=0
x=0 ose V/3x++/2=0
J2

X=0 ose X=———.

NE
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Detyra plotésuese

Té zgjidhen barazimet kuadratike:

10. x* +x=0. 11. x> -2x=0. 12. V2x2 —/3x=0.
13. 4x* +5x=0. 14. X’ +(a+b)x=0.  15. ax*+2x=0.

2 7 2 2 X
16. X —§x=0. 17. 5x° +4x=0. 18. X +§=O.

Né rastin e dyté, pamé se shprehjen e faktorizonim.

Né fakt, né situatat kur faktorizimi mund té kryhet lehté, barazimet
kuadratike mund té zgjidhim duke kryer faktorizimin.

Le té kuptojmé kété nga shembujt vijues:
Shembulli 3. Té zgjidhen barazimet kuadratike
a) X* -5x+6=0; b) X* —-3x+2=0;
C) x*—6x+9=0.
Zgjidhja.
a) Faktorizojmé ekuacionin e dhéné:
x* —5x+6=0
(x-2)(x-3)=0

Pra x—2=0 o0se x—3=0 prej nga merret Xx=2 ose x=3.

b) Veprojmé ngjashém. ¢) Meqgé x*-6x+9=0
x> -3x+2=0 (x=3)°
(x-D(x-2)=0 x> —6x+9=0
X—1=0 ose x-2=0 (x—3)?=0=(x-3)=0
x=1 ose x=2. X=3

Pra x=3 éshté zgjidhja e vetme.
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Detyra plotésuese

Duke faktorizuar té zgjidhen barazimet kuadratike:

19. x> +3x+2=0. 20. x> -3x-4=0. 21.x*—-x-6=0.
22. X* —4x+3=0. 23. x> -5x—-14=0. 24. x*+2x-15=0.

Ka situata kur faktorizimi nuk éshté lehté té kryhet ose madje kur
ana e majté e barazimit nuk mund té faktorizohet fare.

Né kété rast pérdorim formulén kuadratike pér zgjidhjen e
barazimeve kuadratike.

Formula kuadratike
Nése ax* +bx+c=0, a=0 atéheré

_ —b++/b?*-4ac

%2 = 2a

Shprehja D=b*-4ac né formulén kuadratike quhet dallori
(diskriminanta) i barazimit kuadratik.

Varésisht nga vlerat e D-sé kemi kéto raste:

1) Nése D > 0, barazimi ka dy zgjidhje té ndryshme:

~b++/D -b-/D
X=X =7 —

2a 2a
2) Nése D = 0, barazimi ka njé zgjidhje
-b
X=—.
2a

3) Nése D < 0, barazimi nuk ka zgjidhje reale, sepse numrat negativ
nuk kané rrénjé katrore.

Shembulli 4. T¢ zgjidhet barazimi kuadratik
x* —3x—4=0.

Zgjidhja.

Vérejmé se a=1,b=-3, c=-4

Duke zbatuar formulén kuadratike merret:

—(-3)+(-3)?-4-1(-4) 3+9+16 3+25 3+5
K2 = 21 T2 T2 T2
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3+5 8 3-5 -2
P :—:—:4’ :—:—:—1
e % 2 2 % 2 2
Shembulli 5. T¢é zgjidhet barazimi kuadratik
x* +8x+16=0.
Zgjidhja.

Vérejmé se a=1, b=8, c=16.
Duke zbatuar formulén kuadratike, merret:

. —8+./(-8)*-4-16 _ -8+./64-64 -8+0

2 2 2
Pra x =X, =—§=—4.
2
D.m.th. kemi njé zgjidhje.
Shembulli 6. T¢ zgjidhet barazimi kuadratik

x> —x+1=0.

X2

Zgjidhja.
Kemi a=1b=-1c=1.
Duke zbatuar formulén kuadratike, merret:

_(DEYD* -4 14V1-4 143

21 2 2

X2

Meqgé D =-3<0, pérfundojmé se barazimi nuk ka zgjidhje reale.

Detyra plotésuese

Té zgjidhen barazimet kuadratike:

25. x2+2x-24=0. 26. x*+2x+1=0.

28. 2x* —x-6=0. 29. ix2—2x+420.

27. x*+2x-1=0.

30. x*—x=1.

Shembulli 7. (x—2)? +(2x+3)* =13-4x.
Zgjidhja.
(X—2)* +(2x+3)* =13-4x
X2 —4X+ 4+ 4X% + 2-2X-3+9=13-4x
5X° +8x+13=13-4x
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5x* +12x=0
X(5x+12) =0

Pas zgjidhjes merret x = 0v x, = —1—52.

Shembulli 8. (2x-15)(2x—7) —(x—36)(x—8) +36=0.

Zgjidhja.
(2x—15)(2X—7) — (x— 36)(x—8) + 36 =0

4x* —14x—30x+105— (X* —8x—36x+288) +36=0

3x* —44x+105+ 44x— 288+ 36=0
3x* +141-288=0 3x* =147
X’ =49 pra X, =*7.

Shembulli 9. Té zgjidhet barazimi kuadratik

X +§x—£=0.

Zgjidhja.
Ményra e paré:

Vérejmeé se a=1,b=§,c=—%. Atéheré

5 5)’ 1
_iJ(_j _4.1.(_j 5,[5,24 5 [99 5 7
v, =5 6 6) 6 V36 36_ 6 V36_ 6 6
2 2:1 21 2 2
5 7 2 5 7 -12
_7+7 J— _— -
__ 6 6_6_1, ,_.66_6 __4
= = = ,X2_ = =
2 2 6 2 2
Ményra e dyté:
Té dy anét e barazimit
X+2x-L0
6 6

1 shumézojmé me 6.
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Merret 6x*+5x—1=0.
Né kété rast kemi: a=6,b=5,c=-1. Atéheré:

_ 5+\5°-4:6:(-1) 5+.25+24 -5+.49 5+7

X2 = 2.6 12 12 12
5+7 2 1 5.7 -12

= =_=—,X2=—=_=—1
12 12 6 12 12

Detyra pér ushtrime

Té zgjidhen barazimet kuadratike.

1. x>-9=0. 2. x2-49=0. 3. x*-——=0
16

4. 25—-x*=0. 5. x2—l=0. 6. §—362=O.

2 4
7. x2+i=0. 8. x*+3=0. 9. x*-2x=0.
10. 3x —x% =0. 11. x? —lx:O. 12. é9c2+§x:0.

2 3 4
13. x% = x. 14. x* = —x. 15. x> -10x+16 =0.
16. x> -5x +6=0. 17. x*-10+24=0. 18. x> +8x+15=0.
19. x* +10x+21=0. 20. x*+4x-5=0. 21. x*+x+1=0.
22. x*+4x+1=0. 23. x> +6x+8=0. 24. x* +x—-6=0.

25. x> -16x+60=0. 26. x> +3x+2=0. 27. x> +3x+2=0.



Funksioni linear

Funksioni i trajtés
y=ax+b abeR (apo f(x)=ax+b)
quhet funksion linear.

Numri real a quhet zero e funksionit nése f(a)=0.

Nése f(x)=0 atéheré ax+b=0 prej nga Xz—g,a;t 0.

D.m.th. zero e funksionit linear éshté —E, sepse
a

(o2

Pika A(—E,Oj éshté piképrerja e grafikut té funksionit linear
a

dhe boshtit Ox.

Nése b=0, atéheré y=b. D.m.th. pika (0,b) éshté piképrerja e
grafikut té funksionit linear dhe boshtit Oy.

Nése a=0, grafiku kalon népér origjiné té sistemit
koordinativ.

Té paraqiten grafikisht funksionet:

Shembulli 1. a) y=X; b) y=-x

Zgjidhja.

Grafiku i funksionit linear paraqet drejtéz dhe pér té
pércaktuar drejtézén mjafton té pércaktojmé dy pika té saj.

a) Caktojmé dy pika té drejtézés.
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X 0 1
y=X 0 1
Pra, pikat O(0,0); A1) itakojné drejtézés y=x. (figura 1)

b) Veprojmé ngjashém (shih. figurén 2)

x 0 1
y=-X 0 -1
Pra, A(0,0), B(1,-1) jané dy pika té drejtézés.

yi yi

y=-X

Figura 1 Figura 2
Shembulli 2. @) y= %x; b) y =%x+ 2
Zgjidhja.

a) Veprojmé ngjashém (shih. figurén 3)
X 0 1
1 1
= 1013

Pra kemi caktuar dy pika té drejtézés dhe ato jané A(0,0), B(l, %)
. 1
b) Pér x=0; y:5.0+2: 2.

Pér x=2; y=%-2+ 2=3. (figura 4).
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X 0 2

1
==X+2 | 2 3
Y 2

Pra pikat A(0,2), B(2,3) jané dy pika té drejtézés.

I
i y=%x+2
1
_= 3r--=>
y 2x /
1 I
ol I
24 / N ~
0 1 0 12 X
Figura 3 Figura 4

Shembulli 3. d) y=%x—3; B) y=—x+2.

Zgjidhja.
a) Caktojmé dy pika té drejtézés (figura 5)

X 0 2

1
==x-3| 3| -2
y 2

Pikat A(0,-3), B(2,-2) jané dy pika té drejtézés.

b) Caktojmé dy pika té drejtézés (figura 6)

x 01
y=—X+2 |2

Pikat A(0,2), B(L1) jané dy pika té drejtézés.
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yi Yi
y=—X+2
12 -
1 | X 1%
- I | -
P 2
Figura 5 Figura 6

Shembulli 4. a)y=-2x+3  b) y= —3x+%.
Zgjidhja.
a) Caktojmé dy pika té drejtézés (figura 7)

x 01
y=-2x+3 3|1

Kemi caktuar dy pika té drejtézés A(Q,3), B(1,1).

b) Caktojmé dy pika té drejtézés (figura 8)

X 0 1
y=—3x+E 1 _8
3] 3 3
yi 1
X Y= —2x+3
2 1
1 3
- -17
0 X 8]
3

Figura 7 Figura 8
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Detyra pér ushtrime

Té paraqiten grafikisht funksionet lineare:

1. y=2. 2. y=-3. 3. x=4.

5. y=x+1 6. y=Xx-3. 7. y=—X+4.

9. y:—l+x. 10. y=%x—2. 11. x+y=4.

2

2 1
13. —x+2y=3. 14. —=x+=y=5.
y 3 4y

4. X=-4
y=-x-3
12. Xx—-y=7



Mosbarazimet lineare.
Sistemet e mosbarazimeve
lineare

1. MOSBARAZIMET LINEARE

Té zgjidhen mosbarazimet. Bashkésia e zgjidhjeve té paraqitet
grafikisht.

Shembulli 1. x—~>212x,
373
Zgjidhja.
x—l>g+2x
373

x—2x>g+—
3

-x>1]-(-1
x<-1.

Faktin gé x<-1 mund té shénojmé edhe si X e (—w,-1).

Shénim. Pérkujtojmé se kur mosbarazimin e shumézojmé me numér
negativ atéheré ndryshon shenja e mosbarazimit.

X € (—0,-1)

<Y

—0 1 0 +00
Figura 1
Né kété rast pika X=-1 nuk éshté zgjidhje e mosbarazimit.
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Shembulli 2. 2(x-1) < x+4.
Zgjidhja.
2(x-1)<x+4
2Xx—-2<x+4
X <6,

fakt té cilin mund ta shénojmé X e (—,6].

B X e (~0,6]
7/ 4\ -
—o0 0 6 +0 X
Figura 2
Né kété rast pika x=6 éshté zgjidhje e mosbarazimit.
. 1 1
Shembulli 3. 3| x+= |>X——=.
2 2
Zgjidhja.
3(x+lj2x—E
2 2
3x+—>x—1
2
3x—x2———E
2
2X= -2
x=>-1
fakt té cilin mund ta shénojmé xe[-1,).
X e[—1, +o0) o
7 -
—o0 -1 0 +o0 X
Figura 3

Né kété rast pika x=-1 éshté zgjidhje e mosbarazimit.
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Té zgjidhen mosbarazimet:
Shembulli 4. 2(3—x) < 3(1-2x).
Zgjidhja.

2(3—x) <3(1-2x)

6—2Xx<3-6X

—2X+6x<3-6

4x< -3

3 ( 3
X<——, apo Xe&| —o0,—— |.
4 4

Shembulli 5. g(x—l) s%(x+3);
Zgjidhja.
3 1
—(x=-1D)<=(x+3)|-2
2( ) 2( ) |

3(x-D<(x+3
3X—3<x+3
2X<6
X<3.
Shembulli 6. Té caktohet numri mé 1 vogél i ploté gqé e plotéson
mosbarazimin
2x—3_3x—5 >§_ 2X+1
4 6 2 3

Zgjidhja.
Sé pari caktojmé bashkésiné e zgjidhjeve té mosbarazimit:
2x=3 3x-5 X 2x+1
4 6 2 3
3(2x—3) —2(3Xx—5) > 6x—4(2x+1)
6X—9-6x+10>6X—-8x—-4

12
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D.m.th. bashkésia e zgjidhjeve té mosbarazimit éshté XE(—;,-FOOJ.

Paraqitja grafike e bashkésisé sé zgjidhjeve éshté si vijon.

| A 2 -
—0 52 -2 0 +o0 X
Figura 4

Vérejmé se numri mé 1 vogél i ploté qé e plotéson mosbarazimin e
dhéné éshté x=-2.

Shembulli 7. Té caktohet numri mé i madh 1 ploté qé e plotéson

mosbarazimin
2x-1 1 X_+l 3 i
10 10 2
Zgjidhja.
Caktojmé bashkésiné e zgjidhjeve té mosbarazimit
2X_1—1< X+1—1x|-10
10 10 2
2X—-1-10< x+1-5x
6x <12
X< 2.

Pra, pérfundojmé se bashkésia e zgjidhjeve té mosbarazimit éshté
(_0012)'

Paraqitja grafike e bashkésisé sé zgjidhjeve éshté si vijon:

7 7 A
—© 0 1 2 400

<Y

Figura 5
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Vérejmé se numri mé i madh i ploté qé e plotéson mosbarazimin e
dhéneé éshté x=1.

Né disa lloje detyrash, gjaté zgjidhjes sé mosbarazimeve
zbatohen ekuivalencat vijuese:

1. AB>0< (A>0AB>0)v(A<OAB<0)
2. A-B<0< (A>0AB<0)v(A<O0AB>0)

3. =>0< (A20AB>0)v(A<OAB<0)

4.

Wi> wi>

<0< (A>20AB<0)v(A<0AB>0).
Duke u bazuar né ekuivalencat e mésipérme té zgjidhen
mosbarazimet. Zgjidhjet té paraqiten grafikisht.
Shembulli 8. (x—2)(x—3)>0.
Zgjidhja.
X=2)(x-3) >0 (Xx—-2>0Ax-3>0)v(x—2<0Ax-3<0)
S (X>2AX>3Vv(X<2AX<3) = x>3vXx<2

Pra xe (—,2) U (3,+x).

>

N

Y
3 +00

N
=\

Figura 6

Shembulli 9. (x+1)(x—4)<0.
Zgjidhja.
(X+D(x—-4) <0 <= (X+120AXx—4<0)v(X+1<0AXx—-42>0)

S (X2 -1IAX<L4) v (X<-1IAaXx24) & (x=>-1Ax<4). Pra xe[-14].

% A -—

—on -1 0 4 +00 X
Shénim. Eshté e qarté se nuk ekziston asnjé x me vetité X<-1A X2 4,
prandaj né rastin X<-1,x>4 bashkésia e zgjidhjeve éshté

bashkeési boshe.
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=

X—
X_

Shembulli 10. >

N w

N

Zgjidhja.
Sé pari mosbarazimin e dhéné e transformojmeé si vijon:
x—1>§ x—1_§>0®2(x—1)—3(x—2)>

>—o— > >0
X-2 2 x=-2 2 2(x-2)
2x—2—3x+62 - -X+4 20|-2©4_X20.
2(x—2) 2(x—2) X—2

Tani, né bazé té ekuivalencés 3) merret:

(4—x=20AX=-2>0)v(4-X<0AX-2<0) @ (42XAX>2)Vv(4<XAX<2)

S (XSAAX>2)v(X24AX<2) & (XSAAX>2).

Pra xe(2,4].
I A -
—00 2 4 +00 X
Figura 10
Shembulli 11. Té zgjidhet mosbarazimi i dyfishté
1< X_1<4;
X—3
Zgjidhja.
Kemi mosbarazimet:
X-1 1 X_1—1>O X—1-X+3 0
X~ _Jx=3 _ X—-3 _
x—1<4 x—l_4<0 x—1—4x+12<0
X— X—3 x-3
2
>0 1
3 @
—3x+11<0 @)
X—3

Zgjidhja e mosbarazimit (1) éshté x—-3>0= x> 3.

Mosbarazimi (2) éshté ekuivalent me mosbarazimet:
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(=3x+11>0AXx<J) Vv (-3x+11<0AX—-3>0)
< (BX<1IAx<3) v (BX>11Ax>J)

<:>(x<l—;'/\x<3jv(x>%/\x>3j<:> x<3vx>1§1. Pra

Xe (—oo,S)UL%,-i—ooj.

Né njé grafik té pérbashkét paragesim bashkésité e zgjidhjeve té
mosbarazimeve (1) dhe (2).

- |7 =
= N st _
3 11 [11 j +o0 X
3 Xe| =, 400
3

Figura 14

—0

. e 11 ey .
Nga figura vérejmé se XE(E,-FOOJ (Zgjidhja paraqet prerjen e

bashkésive té zgjidhjeve té mosbarazimeve (1), (2)).

2. SISTEMET E MOSBARAZIMEVE LINEARE

Shembulli 1. Té zgjidhet grafikisht mosbarazimi
X+3y<6.

Zgjidhja.

Shqyrtojmé barazimin x+ 3y =6.

Duke marré x=0 né kété barazim merret y=2.

Pra, grafiku e pret boshtin y né pikén (0,2).

Duke marré y=0, merret x=6.

Pra, grafiku e pret boshtin x né pikén (6,0).

Késhtu drejtéza x+3y=6 kalon népér pikat (0,2),(6,0).

Pér té pércaktuar, se cilés ané i1 pérgjigjet zgjidhja, marrim njé piké
P(x,y) té cfarédoshme qé nuk i1 takon drejtézés pér té paré nése
koordinatat e saj e plotésojné mosbarazimin.

P.sh. P(0,0). Atéheré
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0+3-0<4,
D.m.th. pika P(0,0) e plotéson mosbarazimin.

Késhtu té gjitha pikat né gjysmérrafshin qé pérmban pikén (0,0) e
plotésojné mosbarazimin.

Pra, bashkésia e zgjidhjeve éshté bashkésia e té gjitha pikave, nén
drejtéz, duke mos e pérfshiré, pikat e drejtézés x+3y=6.

Né figurén e méposhtme, pjesa e hijézuar paraqet zgjidhjen e
mosbarazimit.

Shénimi 1. Pika P(X,y) qé zgjodhém quhet “piké testuese”. Zakonisht,
me qéllim gé njehsimet té lehtésohen si piké testuese
merret pika P(0,0).

Shénimi 2. Pikat mbi drejtézén x+3y=6 e plotésojné mosbarazimin
x+3y>6, gjersa pikat nén drejtézén plotésojné
mosbarazim X+ 3y < 6.

Shembulli 2. Té zgjidhet grafikisht mosbarazimi
3x+y<h,
Zgjidhja.
Veprojmé ngjashém si né detyrén paraprake.
Shqyrtojmé barazimin
3x+y=5.
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Caktojmé dy pikat té drejtézés
Pér x=0 merret y=>5.

Pér y=0 merret ng.

Pra, kemi pikat (0,5) dhe (g,oj.

Pasi té kemi paraqitur grafikisht drejtézén 3x+y =5, marrim njé piké
testuese. P.sh. pikén (0,0).
Meqgé 3-0+0<5 atéheré pérfundojmé se té gjitha pikat qé ndodhen né

gjysmérrafshin qé pérmban pikén (0, 0) e paragesin zgjidhje té
mosbarazimit

Shembulli 3. Té zgjidhet grafikisht mosbarazimi 2x—3y—-9>0
Zgjidhja.
Duke vepruar si né rastet mésipérme gjejmé se drejtéza 2x—3y—9=0

kalon népér pikat (0, —3),(%,0].

Pasi té kemi paraqitur grafikisht drejtézén 2x—3y—9=0 marrim njé
piké testuese. P.sh. (1, 1).
Meqé

2-1-3-1-9<0
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Pérfundojmé se pika (1, 1) nuk e plotésoné mosbarazimin
2x—-3y—-9<0, e me kété pérfundojmé se zgjidhja e mosbarazimit

éshté gjysmérrafshi qé nuk e pérmban pikén (1, 1).

Shembulli 4. Té paraqitet grafikisht zona e rrafshit gé plotéson
mosbarazimet:

a) Xx<3 b) y>-1.
Zgjidhja.
a) Paragesim drejtézén x=3.
Bashkésia e zgjidhjeve éshté gjysmérrafshi né anén e majté té
drejtézés x=3, duke mos e pérfshiré drejtézén x=3.
b) Paragesim drejtézén y=-1.
Bashkésia e zgjidhjeve éshté gjysmérrafshi né anén e sipérme té
drejtézés y=-1, duke pérfshiré drejtézén y=-1.
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Shembulli 5. Té zgjidhet grafikisht sistemi i mosbarazimeve
x-y<1
{x+y22
Zgjidhja.
Veprojmé si né shembujt paraprak dhe grafikét e mosbarazimeve
X—y<3 dhe x+ y>2 iparagesim me njé grafik té pérbashkét.

Zgjidhja e sistemit éshté prerja e grafikéve

Shembulli 6. Té zgjidhet grafikisht sistemi 1 mosbarazimeve
X+y>-2
{Zx— y<4
Zgjidhja.
Grafikét e mosbarazimit X+ y>-2 dhe 2x—y<4 i paragesim me njé
grafik té pérbashkét.

Pjesa me hijézim mé té theksuar paraqget zgjidhjen e sistemit té
mosbarazimeve
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Shembulli7. T¢ zgjidhet grafikisht sistemi i mosbarazimeve:
X—2y<3
3x+4y>0
x<3

Zgjidhja.




90 MOSBARAZIMET LINEARE. SISTEMET E MOSBARAZIMEVE LINEARE

Shembulli 8. Té zgjidhet grafikisht sistemi i mosbarazimeve

X+y>1
X-y<3
Xx—-2y+3>0

Zgjidhja.
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Detyra pér ushtrime té pavarura

Té zgjidhen mosbarazimet lineare

1. 2(x—4)> x-1. g, X9 x=3 4 221 x+l 4 X
4 5 3 4 6
g X1 2x 1 g Xl x+l 2 o X224
4 3712 3 5 3 ~x
7. X+l g x> 1 9. 37X
x-1 x-5 2 —X
10, 21y 11, 2< Xt 5 19 0<% 13
2X—-3 2X-3 - X
13. —8x+3(Xx—2) > —x+ 2. 14. 3x+3<5(x+1) -2
15. (x—8)22(x+%j+7. 16. 7x-1>16(x-1) -2,
17. (8—x)s-7(x+1j—2x. 18. X230,
7 X+9
19. X715 20. > <o, 91. x<3——>_.
X—49 3x-1 x-1
22. 2 .0 23. X0 o 24. X175 0
18— x X-5 8x
95 X1 3 96, 27 _1 97. 87X _
X—-2 2 5+x 2 3—-X
_ 2 _ 2
28. X1 .o, 29. (21 30. XY 5 ¢
X°+3 X-5 X+ 2

Té paraqiten grafikisht bashkésia e zgjidhjeve té mosbarazimeve.
3l x+2y<4. 32.2x -3y <b. 33.x—%2y.

4. x+4y<0. 35 y+x =2, 36. y—2x <3.
37. x-32>y. 38 x-2<y-3. 39. x+y-2>0.
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Té zgjidhen grafikisht sistemet e mosbarazimeve.

a0, [¥7Y2 4, 15TV 4 [XTEY>E
xX+y>4 3x—y<5b -3x+y<0
x<2 x<3 x+y<4
43. <y<3 . 4. sy>-2 ., 45. 2x —y>1.
x+y<l1 x—2y>0 x <4
x—y—-1>0
x+y—-1<0 x+2y>3
x+y+3<4
46. <x—y>-2 . 47. {2x —y<5. 48. .
x>-1
y=>-2 x<2
y<1




Pérqindja dhe zbatimi i saj

Shembulli 1.Sa éshté % e numrave?

a) 160; b) 240; c) 324, d) 404.
Zgjidhja.
a) Pér té pércaktuar 1 e numrit 160 kryejmé shumézimin:

l-160=40.
4

Né pérgjithési, pér té pércaktuar  te njé numri té ploté &
n

kryejmé shumézimin — - k.
n

Pra, % e numrit té ploté k£ éshté -

Duke vepruar ngjashém marrim:

b) 60; c) 81 d) 101.

Shembulli 2. Sa éshté 0.6 e numrave?
a) 100; b) 120; c) 360; d) 600.

Zgjidhja.

a) Veprojmé ngjashém si né rregullén e mésipérme, me té vetmin

dallim se né kété detyré numrin dhjetor 0.6 e shumézojmé me 100.
Merret 0.6-100 = 60.

Duke vepruar ngjashém marrim:
b) 72; c) 216; d) 360.
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Shembulli 3. Thyesat e méposhtme té shprehen né pérqindje:

1 1 1 1
=, b) =; =; d) =;
a) > ) 2 C) 5 ) 3
1 1 1
e —; —; — h) —;
) 10 ) 20 9) 50 ) 100
i) 4 j) 6

Zgjidhja.
a) Meqgé 1=100%, atéheré % = 1(2)0 % = 50%;

Ngjashém merret:

b) 25%,; c) 20%; d) 12.5%; e) 10%;
f) 5%; g) 2%; h) 1%; i) 400%;
j) 600%.

Shembulli 4. Pérqindjet e dhéna té shkruhen si thyesa:
a) 13%; b) 21%; c¢) 29%; d) 31%;

e 70%: ) 92%; g) 100%; h) 124%.
Zgjidhja.
B 1%= ;b)) o d) o
100 100 100 100
& 70970 710 _ 7. £y o 2 _428_2.
100 10-10 10’ 100 4.25 25’
0 1000/0_100_]; ) 1249 124 _ 4:3L_ 31
100 100 4.25 25°
Shembulli 5.Pérqindjet e dhéna té shkruhen si numra dhjetoré:
a) 24%,; b) 19%; c) 37%,; d) 75%;
€) 125%; f) 115%: g) 150%; h) 305%.
Zgjidhja.
a) 24%:12()—‘:):0.24; b) 0.19; ) 037, d) 0.75;

e) 1.25; f) 1.15 g) 15  h) 3.05.
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Njehsoni:
Shembulli 6.7% té numrave:

a) 77; b) 194 ) 208,  d) 215.
Zgjidhja.
a) 7% e 77 éshté e barabarté me l-?? _33%9_ 5.39;

100 100

b) 13.58 c) 14.56; d) 15.05.
Shembulli 7.12% té numrave:

a) 96; b) 126; c) 512 d) 1000.
Zgjidhja.
a) 11.52; b) 15.12; c) 61.44; d) 120.

Shembulli 8.125% té numrave:

a) 25 b) 150; c) 270; d) 305.
Zgjidhja.
a) 31.25; b) 187.5; c) 3375 d) 381.25.

Shembulli 9.0.5% té numrave:
a) 72 b) 160; c) 204; d) 300.
Zgjidhja.

a) 0.5% e 72 éshté e barabarté me % 72=0.36;

b) 0.8 c) 1.02; d) 15.
Shembulli 10. 12.6% té numrave:

a) 90; b) 126,  ¢) 192  d) 790.
Zgjidhja.

a) 12.6%e 90 éshté e barabarté me %-90211.34;

b) 15.876; c) 24.192; d) 99.54.

Shembulli 11. 125.2% té numrave:
a) 74 b) 92; c) 1000; d) 12520.
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Zgjidhja.
a) 92.648, b) 115,184, c) 1252;  d) 15675.04.

Shembulli 12. 6% té numrave:

a) 66.6 b) 728 ) 929,  d) 100.6.
Zgjidhja.
a) 3.996; b) 4.368; c) 5.574; d) 6.036.

Shembulli 13. Né shkollén e gjuhéve té huaja mésojné 800 nxénés.
31% e tyre mésojné gjuhén angleze, 27% gjuhén
gjermane, kurse té tjerét mésojné gjuhén frénge dhe
gjuhén spanjolle. Nése dihet se numér 1 njéjté
nxénésish e mésojné gjuhén frénge dhe gjuhén
spanjolle, té caktohet sa nxénés e mésojné secilén
gjuhé? (Secili nxénés e méson vetém njé gjuhé.)

Zgjidhja.

Sé pari caktojmé numrin e nxénésve qé mésojné gjuhén angleze dhe

gjuhén gjermane.

Dimé se 31% meésojné gjuhén angleze, d.m.th. %-800=248 nxénés

mésojné gjuhén angleze.

Po ashtu, 27% mésojné gjuhén gjermane, d.m.th. ]i)—70-800=216

nxénés mésojné gjuhén gjermane.

Pra, 248+216=464 nxénés mésojné gjuhén angleze dhe gjuhén
gjermane.

Meqé shkolla ka 800 nxénés, atéheré 800—464 =336 nxénés mésojné
gjuhén frénge dhe gjuhén spanjolle. Meqgé dihet se numér i njéjté
nxénésish mésojné gjuhét frénge dhe spanjolle, pérfundojmé se 168
nxénés mésojné gjuhén frénge dhe po aq mésojné gjuhén spanjolle.

Shénim. Numrin e nxénésve qé mésojné gjuhén frénge dhe gjuhén spanjolle do té

mund ta caktonim edhe si vijon:

Meqgé 31% mésojné gjuhén angleze dhe 27% mésojné gjuhén
gjermane atéheré 31%+27%=58% mésojné gjuhét angleze dhe
gjermane. Pra 42% mésojné gjuhét frénge dhe spanjolle. Meqé
numér 1 njéjté nxénésish meésojné gjuhét frénge dhe spanjolle,
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pérfundojmé se 21% mésojné gjuhén frénge dhe po aq gjuhén

spanjolle. Tani 21% e numrit 800 éshté e barabarté me %-8002168.

Shembulli 14. Né garat komunale té matematikés pér nxénésit e
klasés sé 7-té, morén pjesé 140 nxénés. 30% prej tyre
morén shpérblime, 45% morén mirénjohje, kurse té
tjerét morén certifikata pér pjesémarrje. Sa nxénés

morén shpérblime, mirénjohje dhe certifikata?

Zgjidhja.

Meqgé 30% e 140 nxénésve éshté %-140:42, themi se 42 nxénés

morén shpérblime. Meqé 45% e 140 nxénésve éshté %50140=63,

themi se 63 nxénés morén mirénjohje. Pjesa tjetér 140—(42+63) =35

nxénés morén certifikata.

Shembulli 15. Té plotésohen tabelat:

Tabela
Cmimi para zbritjes 1000 | 1500 | 1800 | 2100 | 4000
Pérqindja e ngritjes 25% | 4% | 12% | 20% | 35%
Vlera e pérqindjes sé zbritjes 1400
Cmimi pas zbritjes 2600
Tabela 2
Cmimi para zbritjes 4000 3000
Pérqindja e zbritjes 25% 30% 25%
Viera e pérqindjes sé zbritjes | 16 120 600
Cmimi pas zbritjes 770 900

Zgjidhja.

Tabela 1




98 FUQIZIMI DHE RRENJEZIMI

Cmimi para zbritjes 1000 | 1500 | 1800 | 2100 | 4000
Pérqindja e ngritjes 256% | 4% | 12% | 20% | 35%
Vlera e pérqindjes sé zbritjes | 250 60 216 | 420 | 1440
Cmimi pas zbritjes 750 | 1440 | 1584 | 1680 | 2560
Tabela 2
Cmimi para zbritjes 64 | 1100 | 4000 [ 1200 | 3000
Pérqindja e zbritjes 25% | 30% | 3% | 25% | 20%
Vlera e pérqindjes sé zbritjes | 16 330 | 120 | 300 700
Cmimi pas zbritjes 48 | 770 | 3880 | 900 | 2400

Té njehsohet vlera e x-it, nése:

Shembulli 16. ) % e x-it shté 75; b) 1% e x-it shté 66.
Zgjidhja.

a) Duhet té zgjidhim barazimin EX: 75. Kemi 2x=5-75, prej nga

X:§:187.5. D.m.th. é e 187.5 éshté 75;
b) x=49.5.
Shembulli 17. a) 0.5 e x-it éshté 80; b) 1.6 e x-it éshté 74.
Zgjidhja.

a) Duhet té zgjidhim barazimin 0.5x=80. Kemi x= %, pra x=160.

D.m.th. 0.5 e 160 éshté 80.
b) x = 46.25.

Shembulli 18. a) é e x-it éshté 3.3; b) 0.7 e x-it éshté %
Zgjidhja.
a) x=9.9;

b) x:%.
49
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Shembulli 19. a) 45% e x-it éshté 90; b) 27% e x-it éshté 45.

Zgjidhja.

a) Duhet té zgjidhim barazimin %X =90. Kemi 45x=90-100, prej

nga X= 45-2-100 =200. D.m.th. 45% e numrit 200 éshté 90.
b) x=>20
3
Shembulli 20. a) 0.7% e x-it éshté 70; b) 3.6% e x-it éshté 90.
Zgjidhja.
a) x=170; b) x=2500.

Shembulli 21. a) 42% e x-it éshté 109.5;
b) 104.5% e x-it éshté 261.25.
Zgjidhja.
a) x=260; b) x=250.
Shembulli 22. 42% e njé numri éshté 78. Cili éshté ai numér?
Zgjidhja.
e 100-78 _ 1300 _

42 7

Shembulli 23.Nése 36% té gjysmés sé njé numri i shtojmé 144,
merret 45% e dyfishit té atij numri. Cili éshté ai
numér?

Zgjidhja.
x = 200.

Shembulli 24.Né shkollén fillore “Sami Frashéri”, numri 1 nxénésve
té klasés sé 7-té éshté 15% e numrit té pérgjithshém té
nxénésve té shkollés. Nga shkolla tjetér vijné 60
nxénés té klasés sé 7-té dhe me kété rast numri 1
pérgjithshém i nxénésve té klasés sé 7-té béhet 18% e
numrit fillestar té pérgjithshém té nxénésve. Sa
nxénés ka shkolla dhe sa jané né klasén e 7-té?
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Zgjidhja.
Shkolla ka 2000 nxénés, kurse né klasén e 7-té jané 300 nxénés.

Shembulli 25.Pas rritjes 15%, ¢mimi 1 njé prodhimi éshté 230 €. Sa
ka gené ¢mimi para shtrenjtimit?

Zgjidhja.
Cmimi fillestar éshté 200 euro.

Shembulli 26.Pas zbritjes prej 24%, ¢mimi i njé prodhimi éshté 76 €.
Sa ka gené ¢mimi para lirimit?

Zgjidhja.
Le té jeté x ¢mimi para lirimit. Kushtet e detyrés sjellin barazimin

x—ﬁx: 76, prej nga kemi 100x—24x =76. Pra, 76x=76-100 d.m.th.
100 100

x =100.

Pérfundojmé se ¢gmimi para lirimit ka gené 100 euro.

Shembulli 27.Eshté dhéné katérkéndéshi me brinjét a=12cm,
b=15cm, c=15cm, d =18cm. Sa pérqind té perimetrit
té katérkéndéshit paraqesin secila nga brinjét?

Zgjidhja.

Perimetri 1 katérkéndéshit éshté

P=a+b+c+d=12+15+15+18=60cm. Késhtu brinja a=12cm éshté

% e perimetrit. Mé herét kemi paré se thyesa é e shprehur né

pérgindje éshté 20%.

Brinja b=15cm (po ashtu edhe brinja c=15cm), paraqet % e

perimetrit (%60=15). Thyesa % e shprehur né pérqindje éshté 25%.

Brinja d=18cm éshté 1—?6 e perimetrit. Thyesa 1—% e shprehur né

pérqgindje éshté 30%.

Pérfundojmé se brinja a paraget 20% té perimetrit, brinja b paraqet
25% té perimetrit, po ashtu edhe brinja ¢ paraqet 25% té perimetrit,
kurse brinja d paraqet 30% té perimetrit.



